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Bce npasa sanmmenn. Haxaxad 9acTh HaCTOAMEH KHUTH HE MOXET DhITh BOCHPOMIBEACHA HIK
niepeana B xaxoi Ou To HY GbII0 dopMe 1 KakEMu 681 T0 Hu ORDIO cpeAcTramMHu, 6B TO 37IEK-
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OT nepensonuymnka

Ha wHons MM ppemne BEEro AomM-
HH CMOTPETH, K&K HA paj IIPOX3ROIE-
HO BHIOPAHHWX 384KOR...

H. von Helmholiz (Zihlen u. Mes-
sen, 21).

Bo scaxom caywae, 9mcao (nume-
rus, &plﬂp.é:.) e¢Ts UPOH3BONEHG ©60-
3RAUNHE HAMA 3HA&X, KOTOpHE cmy-
WMAT CPOXCTHOM AOCTIGROHHMA BECEMA
uMaorooGpasunx nenok,

E. Sclyidder (Lehrbuch d. Arith. u.
Alg., 2).

Ecng TowAo ciondTs BA TEM, 9TO
WLl felaéM NPH CcIeTe KOTHIOCTHA
(Menge oder Anzahl) nemeH, ro npm-
RAeM X paccMoTpenBo cmocobGmocrm
AyXa OTHOCHTE BOIH K ROL[AM, OTA-
BHTH OZONY BOMb B COOTBETCTRMO C
gpyroif, amm orofpamaTs OFHY BEmb
B Apyroi...

R. Dedekind (Was sind u. was
sollen die Zablen, VIII).

IIpmerynas K mepeRoAy STOr0 HEGONBIDOro COYMHEHHS HA
pyeckr#t ASHK, M, ¢ OLHO! CTOPOHN, PYKOROJCTBOBAIVICH Ha-
8poABIlleld ¥ Hac, KAX HAM KAMKeTcd, Norpe6HOCTLID OTHATH cebe
AcHHIl oTYer B TeX HAUANlaX, KOTOpHE JEXKAT B OCHOBe aph@-
MegrKR BOOOmMe B ApUMMETVKE MPP2OUOHANBHINX B YACTHOCTH;
¢ mpyro#i CTOLOHN, HAM Ka3anoch, ¥T0 B ManeHbKOH Opourope
Jenernnna Apxas o6pasHOOTH U BHCOKAS OTBINEYEHHOCTH CO-
enuHeHH B TOX Mepe, B KAKOH 3TO HE06X0AUMO IJIf TOrO, 9TO6H
YHCHUTS, YHTATENI0 XOX BOSHMKHOBEHMS! COBPEMEHHOH BIOIH®
OTBNEeYeHHOH HIaeM 06 MPPANMOHANLEOM 9YHCAE I BO3MOMKHOCTH
HpUMeHERUA STOH uAeHm K NpeaMeraw Gomee HIA MeHee KOR-
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KPOTHOTO XapaKTepa — K TreoMeTpmYecKnMM ob6pasaM. Ham me-
POBOX KaRerca HaM TeM Goxee YMECTHHM, ITO B UOCIETHES
BpeMA NOSBHAACHL B 116PEBOAS HA pyceKmit A3ne pa6oTr IesM-
romsia B Kpomexepa, IOCBAMEHHHS HAYYHOMY 0GOCHOBAHHD
TOOPHH DAIHOHANBLHHY 9YHCEN. 3HAKOMCTBO ¢ 3TOH Teopmell cy-
niecTBeHEO Heo6xomuMo H aud noEmMarns [lenexmmmosolt Teo-
pEE mppanuosambANX wncel. Oco6eREO BaXeH TOoT ParT, UTO
TOOPHS PAMHOHANLRHX WHOON MOMeT GHTH IMOCTDOECHA Ha ompe-
JOISHHH YHCON, XaK 3HaxKos, cumeos06, KOTOPHSO PacOoloXKeHR
B yc'ranomlem{oﬁ pas HaBcerxa NIOCTI8AOBATEIBEHOCTH R KOTO-~
PHIMH MOTYT OTM6YATHECA HEKOTOPHO COOTHOINEHUSI ME:KAY Be-
mamva. Camu no cefe »Tm sHakm MOryT GHTH Karo#l yromeo
NPHPOXH—BTO MOryT OHTH SBYKH, IIBOTA, TENA, DOHATHA H T. K.,
pacapencyIoHHNEe B HEKOTOPOM HEABMEHHOM HNOpPANKE. Bawxnocts
YCTAHOBIGHES TAKOH HeHM3MOHHOM B CBOBM NOpPAZKS CHCTEMH
8HAKOB BAKNMOYAaeTCA B ,O0NOCOGHOCTH HAMEro myxa“, Kak ro-
Bropur JlemexmHn, yCTAHABIABATL COOTBETCTBHO MEXNY STHMHA
S8HAKAMH H MHOWBHAYyMaMH Kaxkof 6H To HE 6HIIO rpynnH
Bemeil, 6naronapa JeMy MH BHOCHM ONpeNoleHHHI IOPANOK W
B BTy NMOCHONHOD rpymmy.

Korma npm 6nmxaitmem wmcenenoBaEmm Bemedl B HAX
JCMATPHBADTCA TAKHE CBOMCTBA HJIA GOOTHOIIGHHA, KOTOPHE HO
MOTYT XADAKTEPHB0BAThCA YCTAHOBJIOHHHMN SHAKAMH-YHCIAMM,
0 GOBAADT, 60IA 5TC BHIONHO, HOBHE BHAKE TAKOrO POXA,
gTO6H MMH MOIJNHA XAapDAKTepH3OBATHCH BHOBbL YCMOTDEHHH® CO-
orEHOmMeHnA Bemell. MomEo, ecim yrcnHo, HASHBATH YHCIHAMH H
®TH HOBHO SHAKH, MOXHO HX TAK M He HasHBaTh. BHromaee,
ONXHAKO, OHBAST PACHPOCTPAaHHTHL TePMHH ,9YHCJI0* M HA BHOBB
BBOJHAMHG CAMBONH. TakuM o6pasoM, K DSy CHMBOJOB, HS-
S8BARHHX NENNMH JHCHXAMW, GHIX NpeXKREe BOErO MPACOSIAHEEH
HOBHO GHMBOJH, TAK/KO HASBAHHWE TACNAMH, AMPHHO JPOGHEMHE
YmenaMd. JTOMYy NAJN0 HOBOM TO OOGCTOATENBCTBO, YTO IONHIMMA
Y@eaaMy Henh8sl HIHM, OO RpaiiHell Mepe, BechMa HeyNo6HO xa-
PARTEPHSOBATE TAKA® ABJOHASA, KOTOPNME CONDOBORIAGTOS pac-
IANeHHMe NPSIMeTA HA YacTH. Korma mpH HOKOTOPHIX HECIENo-
BAHMAX ORASHDAETCHA YNOORGe CYATATH TPOAMETH, PACHONOKEH-
HHO B IJuHEeHHOM NOpANEe, B OT KpadlHero (Kpailmero Momer m
H6 6HTH), & OT KaKOro-Mm60 UPOMEXKYTOTHOro MpemMera, B ofe



CTOPOHN OT H6ro, TO WPEJCTARIAETCA BHTOJHKM HPHMCOSTHHATE
K IPeRRAM GHMBOJNAM HORHE CHAMBOIH-—OTPHNATONEHLIO YHENA.

Mu me 6ynem Gombime rosopurh 06 5TOM. YXameM TOIBXO,
9TO0 BBONOHWEe HOBHX CHMBOJOB MOeT OOYCIOBIHMBATHLCSI HO
00%eKTABHHMI CBONCTEAMA Bemeit, ¥ KOTOPHM MH OOHKHOBEHHO
STH CAMBOINH OTHOCHM, i CTpeMiIeHPeM NONYUHHTHL CTADHO CHM-
BOJH HEKOTOPHM HOSKM Tpe6oBaHMAM, HECOBMECTRMHM O TOMK
CBOHCTBAMM S3THX CHMBOIOB, KOTOPHe CHYXHIR MM ONPOXENe-
aaaun. TaR, HADDHAMeD, KOI'JA MEH PBCHOIATSEM TOJBKO TOM
PAROM 3HAKOB, KOTODHIH ME HASHBAOM CHCTEMO} PATAOHANBHHX
gnces, H UIMEM TYEI0 X (KOHe9HO, pANMOHANbHOE, 160 Apyrax
YHECeN MH 6U(e Heé YCTAHOBHJH), KOTODOTO KRBAIDAT paBeH JAH-
HOMY DOJOMHTEILEOMY THCIY 4, TO OKasHBaercd, 9TO ANA He-
KOTODHX 4 3T0 THCAO X CYIMECTBYST, NIA IPYTHX K6 €ro COBCOM
Her, 7. 6. 6HBaeT TAX, WTO0 Ccpegd CHMBOJOB — PAN@OHAIBHHX
9meen — HET TAKOrD, KBAXPAT KOTOPOTO PaBeH 4. Ma MoiReMm B
9TOM CIydJas BBOCTH B HAWIHA NCCHCIOBAHHS HOBHII CHMBOI,
RBAKPAT KOTOPOTD PABeN 4, MOKEM HA3BATE M BTOT CHMBOJI THCIONM,
HafDAMED, PajNKeNbHLEM TACIOM, MOXeM ero 0003HAYATE depes

', Va_, une kak-auby;1s @RaTe. MokeM Beero BTOro m He Xe-
aath. B mocnenmeM ciyuae yeTaHABNHABAOM TAXYI0 TEOpeMY: He-
KOTOpHE NONOXHTeNbHEE THENA WMEIT, IPyrde HE AMEnT
EBaIpATHRX KODHOZL; 6Cl:; ’K6é SHAKNM KBAXDATHHX KOpHASH m3
HONOKHTOTLHIX YHCENX ERSNOHH, To OylneM HMerh TAKYIO Teo-
peMy: KakxIoe MOJORATENHHO® UACHO HMeeT KBANPATHHY Ko-
peEb. OGe TeopeMH BepEH, B60 B HOoCaexHEd NmorpasyMeBaered,
9T0 Te MOJOEWTEeALHLE YHela, KOTOPHE He HMeIT KopHeit
¢pend CTapHX CHMBOJOB, HMEIT KOPHH CPeJH HOBHX.

Y eamoro [eyexnBna onmpemeleHMe umcla, KAR CHMBOIA,
HHEr/(6 ABHO He BHICKA38HO, HO TAKOE ONPONEJSHHE IHCNL ABHO
BHITOKAET M3 pAcCyXRNOHWUY, W3T0REHEHNI B JAPyroM 6ro €o9s-
negnr: Was sind und was sollen die Zahlen, Ilo mamemy
MHEEAD, CYIIECTBOHHO BAXKHO SHATH, YTO Ha HPPANAOHAJBHEE
gmesaa (Tak ke, KAK W R4 BCAKME Ipyrue) MOMHO CMOTDETS,
KaK HA TACTH® 3HAKH, KOTOPHE MOryT GHTL W IeUCTBUTEIALHO
GHBAOT BechMA MOJESHH, MOKAY MNpOYMM, mO TOH npEYdHe,
9TO STHMU 3HAKAME YHOUHO BHpakawTcA pealxbAHe cBolicTBs
Bemei.
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Pacmpenenenme +WmEcen Ha JBA RIACCA, HA XNACC THCON
anre6pARYecKAX M KJACC TPAHCOEHAEHTRHX JHCEX, NPeACTa-
pasger cobom AaIbHeHITHH mMAar B TeOpEHM DASBHTHS MOHATHA O
qacxe. Mu COTIHA IMOITOMY YMECTHHM UDHCOSNHHHATD K CTATHO
JleNeKmHA CTATEIO, KOTOPAR CONGPXRANA 6K OCHOBHYD TOOPeMY,
JNemAmyn B OCHOBAHHE BTOY RIaccnURANHEH, — T6OPEMY O Cy-
MeCTBOBAHAR TPAHCUGHNOHTHHX duces. (CTATbd 8Ta, HAmedA-
TARHAS B CBO@ BpeMs HA CTpaHWNAX ,BecTBura onHTREOY dm-
BHRW W 3MeMeHTApEOM MaremarTmxm“ (N: 283), comepZEHAT HMBBeCT-
poe KarTopoBo NoxasaTennerso ymoMaHyTo#f TeopeMH.



HenpepbBHOCTL ¥ MppALUOHANBHLIE YHCHA

MpenucnoBne aBTOpA

Paceyirneans, coCrdRNADOIIE BPENMET 3TGLO MANSAAKOTO
GOURHEHNA, OTHOCHATES K ocaHn 1858 roxa. Torma a, B Kagecrse
upodeccopa Cowaroro Ilomurexmukyma B Ilmprxe, B mepsmis
pas 06A8aH 6HJX 1O CROEMY HOJOXKRCHRK ¥3JIAraTh S8JEMEHTH
muddepeEnALABHOr0 NCYACICHENA B TP STOM TYBCTBOBAN HKH-
Bee, UeM ROTMNa-1AG0, HEeJOCTRTCK B 8HCTEATEABHO HAYYHOM
o6ocHoRarum apnduernky. Ilpd R3nOREBMY DOBATEA O NpU-
6rmmenMA mepeMeHHAOl BENIHIHHH K NOCTOAHHOMY IpeNeny, u
EMEHHO IPd JOKA3ATENLCTBE TOr0 WONOMKEHHS, 9T0 BeldTIHHA,
KOTOpad RO3PacraeT MOCTOAHHO, HO HS CBOPX BCSTKHX TPAgAD,
TOIEKHA NPUOI7MATECE K HCRKOTCDOMY Upenety, f npraferal E
reoMerpudeckoii BaraajymroeTd. Jla u Teneph ® M8 IEIAKTHYe-
CKMX OCHOBaHWEY CYHTAID TAKOE NPHBILIEHAS TeOMeTpHiceKol
HAMIANAHOCTA OpM NepBoM olbyueHRA NpddepeRnuairRoMy He-
YRCNOHHI0 HEOGHTANHO IIOJME3HHM, Aake EeH36EKBHM, eC/IN HE
XOTAT NOTPATATH CIMUIKOM MHOrO BpeMeHH. Ho HEKTO He cTa-
HeT OTPMIATH TOro, 4TO OTOT cHocul BBeeHUWA B HU3ydYeHHe
e depeRnHaNbEOro HWCANCACHAA HE MOMKST HMETh HHKAKOID
UDATARAHEA HA HAYTHOCTD.

Bo MRe Torma 9TO 9yBCTBO HeYIOBIETBODEHHOCTH ITpe-
o6aanaso B TAKOM CTEIEHH, YTo I TPMBEIA TBepPAOe pemEHHE
IyMaTh A0 TeX 10D, COKa He Hallny ddcTo aprdMeTHIecKoro m
BOOJHE CTPOroro OCHOBAHHSA JIA Hadal aHANN3a GeCKOHOYHHX.
Topopat waero, uro npuddepeBnuanbHOe MHCYACIEHHE 3aHH-
MaeTCH HANPEPHBENMH BAMMTARAME, ONHAKO JKe HUTIE He QADT
onpeneNeRUst ATOH HOUPOPHIRHOCTH, U JIAXKE TIPH CAMOM CTPOTrOM
N3TOROHHE KuPOpeHINATEHOIO VCTACACHHUS J[OKABATOLCTBA
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HO OCHOBHBAKT Ha HEUPEPHBHOCTH, & ANCIAMPYIOT, Gonee mim
M@éH®e CO3HATCIBHO, anbo x T'¢OMOTPHIECKAM NI‘€NCTABICHUAM,
aubo ® HIPONCTABIGHHAM, KOTOpR® 6epyT cBOe HAYANO0 B Ie0-
MeTpHHd, du60, HAKOKEN, OCHOBHBAIOT AOKASATEIHCTBA HA IIOJO-
EEeHUAX, ROTOPHE CaMy WHKOria He OHIH JOKABARH TUCTO
apajpmernsecruM myreM. Coga oTHOeMTeS, BaIpAMEP, H BHIIe-
yooMaHyTOe mojoxReHme. Bomee TOYHO® mH3uckaEHe YGeamuo
MeHSt B TOM, 9TO BTO MIM BCAKROE SPYroe SKBPBANEHTHOE €MY
HPEIJIOXEHA® MOMKET NMO H3BECTHOM CTENEHH pPacCMATPUBATHCS,
KAaK N0CTaToUHHI GyHmaMeHT mus aHAIM3a GeCKOHeIRNX. Bee
CBOXWUTCS TOABKO K TOMY, YTOOH OTKPHTL HACTOAIMEE HAYANO
5TOr0 UOJOKEHNA B BNEMEHTAX APUDMETHKM H BMeCTe ¢ BTAM
npaobpecTd AeHCTBATAILHOS OUPeNeIeHAe CVOILCTBA HENPEPHB-
HOCTH. JTO MEHQ yzanzoch 24. moalpa 1858 ronme, W, HECKOALKO
IBEeH coycrd, A coo0mAN peaylLTATH CBOMX DasMEMIeHAH
MoeMy jgoporony xnpyry Durége'y, 9ro ToBemxo K NpoxoXxm-
TenbHOUR H oxuBIeRHEOY Gecenme. BnocaencTBum s manaran BTA
MHCIH O HAYIHOM OGOCHOBAHHE apUPMETHKE TO OJHOMY, TO
JIpyroMy M3 MOHMX Y96HAKOB, TUTAN TaKae 00 aTOM IpenmMere
DORNaN B yI8HOM o6mecTBe podeccopos saeeh, B Bpayrmseiire,
HO 4 H6 MOr OKOHYATENILHO PEmInTHCSA Ha AelicrBHTENBHOE OIY-
6TEKOBAHAS, NOTOMY, BO-IIEPDBHX, YTO HANOKEHHEe IIPEJNCTA-
BISI®TCS HO JIPTKEM, W IOTOMY €18, IT0 M CaMHit npexuMer Tak
Maao mromosuT. HeoKoNbEo nHef#t Haaan, 14 MapTa, B TO BpeMsI,
KaE d HANOJOBHHY CTAN YKe NOAYMHB&TH O TOM, YTOOH Ha-
6parh 8Ty TeMy HpelMeTOM HacTosmero lobuueifHoro couuge-
BAS *), KO MHe B pyKH Uogala, Graroxaps nwo6esHOCTH €6 aB-
ropa, cratea K. Heine (Crelle’s Journal. Bd. 74), roropas =
mMOAKpenANa MeHs B MO6M pemeHry. IJo cymecTBy & BIONH®
COTJIACOH C CONOPIKAHMOM BTOTO COYHHERASA, HO NONKEH OTKPO-
BOHHO COBHHThCA, YTO MOE M3JO0MReHHE Kaalercda MBe Goxee npo-
eTHM 00 ¢opMe ® Gonee TOWHO BHABHraloIMNM HACTOANEE S1PO
sormpoca. B to Bpema, Kak s mueax sro HpenmcioBue (20 Map-
Ta 1872 r.), 7 monydan wmETepecHy® erarso ,Ueber die Aus-
dehnung eines Satzes aus der Theorie der trigonometrischen
Reihen G. Cantor'a (Mathem. Annalen von Clebsch und Neu-

*) ABTOp BHIYeTHT STO COTRAGHHES ¥ WOMISI CROPTO OTTA.
puney. nepesoduura.
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mann, Bd. 5), 3a KoTopy® BHCRAZHBAKN HCKPOHHDL (Iaro-
JApHOCTH OCTPOYMHOMY amTopy. Kak MHe Kamercs mpH GHETpoM
UTeHUH, AKCAOMA B § 2 BOOJNHE corracyercd, He3aBHCEMO OT
BHOmMHON (POPMH H3NMOMKOHMSA, ¢ TOM, ITO A OTMEYAH HHXKE B
§ 8, KaK cymHOCTh HempepuBHOeTH. Kakyio xe monnsy npen-
CTABHT BHJIEJEHHWS, XOTA OH TOJBKO B IIOHATHH, BOIIECTBEHHHX
umcen eme 60Je8 BEICOKOTO HOPAAKS, fH, COTJAGCHO ¢ MOHM IIO-
HAMARMEM CHOTEMH BOJISCTBeHEHX YHO6N, KaK CcoBepmeHHOH
B cauMoli ce6e, eme TIPHSHATH HE B COCTOAHUM.



§ 1. CroiicTBa paunoHanbHBIX Yncen

Xora apAdMeTHEA PAIMOHANLENX YRCET IpPeRNOJaT&eTres
30e0h yme HBBecTHOH, HO MEe NyMaeTed, 910 NOJ83HO Oyner
BLIABEHYTh HOKOTOPHE TIIaBHHE MOMEHTH, He NOMBepraa HX
obCyXIeHMIO, ¢ TOIO TOARKO L8JbIo, 9TO6E 3apaRee HaMOTATH
TOYRY BpeHRES, HA KOTODYI0 S CTAEOBIIOCh B IOCIEAYIOINSM WA-
noxtenHn. S cMoTpm Ha Bew apndMeTHKY, k4K Ha HE0OXORE-
M06 HIIH, No kpafigelt Mepe, HATYpaNbROE clexcTBHS NMpocTelime-
ro apndMeTHIECKOr0 AKTa—CIOTA, CAMHI %6 cueT mpencTapafer
He 9T0 HHOe, KAK LIOCJICNOBaTeAbHOS CO3MAARUe 0eCROHEYHOTO
PAAS TONORHTENSHHX HENHX THCOM, I'XE KaXIHH AHAABHIYYM
onponeaseTcA HeNOCPSICTBEHHO eMy upenmectsyiomaM. Ilpo-
crefimuil AaKT BAKI0OTIAETCA B IEPEXOoZle OT CO3TAHHOTO YXe
HEIABHAYYMa K ON6IyIOIEMY, BHOBL COSHAAEMOMY. YiRe CaMa
mo cefe Oenmb STHX TECeX o6pasyer HEOOHYAHHO T0NM83HOE BEIO-
MOTaTelbHOE CPEeNETBO IAA 9Y8J0B6YECKCTO YMA B OPeXCTaBIAST
HeHCCAKAaeM0os GoraTcTBO 8aMEYaTEJBLHHX 3aKOHOB, K KOTOPHM
MH IPUXOAXM MOCPEeNICTBOM BBENOEMA Y6THPOX OCHOBEHX apad-
Meruseckax zaediersuil. Cuosxemme ecTh coeLuleRHe B ONAH
AKT YOOMAHRYTHX IpPOCTeANIAX &KTOB, NOBTOPEHHHX CKOJLKO
yrogso pasd. TaxuM Re o00pa3oM H3 CIOXeRMS ITPOMCTEKAST
yMuEomenne. Mexny Tew, xak ofe 5TH oONmepamEM Beeraa Bul-
OONHAMH, BHUIOJEMMOCTH OOpATHHX omepafnnii — BRINTABHA ¥
JeleHHA—OKABHBAcTCA OTpaunueRRoll. KakroB 6 Hu 6HI 3780h
6mkatmut moBoX, KARMe 6H CPABHEENS M GHAJOTAH € OOH-
TOM A HaGIWAeEAeM HII NPABOXMIA K 3TOMY,—BOIOPOC 06 3TOM
MH OCTRBAM B CTOPOHE, IOCTATOYHO TOTO, YTO FKMEHHO BST&
OTPAHAYERHOCTh B BHINOJEeHMHA OOpaTHMX omepamui Beakmit
pas craHOBHJACL HACTOAMH NprIMHEOH HOBOrO TBOPYECKOro
axta. TaE CO3MAHH JeJOBEYECKRUM YMOM OTPHIATENLEHS B Ipob-
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HEle Ymena, Gmaronaps weMy npuolpeTeEo GHIO opynme 6ecKo-
HegHO 60168 BLICOKOI'0 COBEDINeHCTBA B BHIE CHCTOMH BEHX
PANHOHANHEHZX 9YHCeN. 3Ta CHCTEMA, KOTOPY® S 0603HAYY e-
pes R, o6ramser mpexme Beero T00 NONHOTO Y 3AKOHUEH-
HOCTBI, KOTOPYD d B JPYrOM MECT® *) OTMBTHJ, KAK NpPHSHAK
suca00010 wopnyca (Zahlkirper), m RoTOpas €OCTORT B TOM, 90
96THPE OCHOBHHE OIepanud €0 BCAKEMHA JBYM# MEIABHAY-
vMaMHA 3 R BHIONHEMH, TO €¢Th, YTO PEBYIHTRTOM JTUX Ole-
panmif Bcerna OOATH ABIASTCH OUpPeAeleHHHE HELAHBANYYM
B3 R, ecnm TONBKO HCHINYUTE eINHCTBOHRBHI CNYyIA NeNGHHA
Ha HYJIE.

Jns samell 6amxatimelt nenm ropasmo 60aee BAXRHHM AB-
nsercs apyroe csolisTRo exereMu R, Koropoe MoxkeT GHTP BH-
paxedo Tak: cHcreMz R mpenmerasaser npaBmabHO pacmpese-
TeRHY, 6eCKOReTHO MNPOCTHPAIIyICA B ABE CTOPOHH 06HACTH
ONHOTO MmBMePeHnd. 'ITC AMEHHO 8THM XOTAT CKaBaTh—OCTATOY-
HO YEA3HBaeTeA BHGOPOM BHpameRAHN, 3aUMCTEOBAHHHX HB 0614-
CTA FéOMETPHYECKHX HpeIcTaBReHuY; TeM 6Gonee meo6XoXWMO IIO-
9TOMY BHIONHTL COOTBSTCTRYIOMHS MM YNCTO apAPMeTHISCKHS
0CO68HHGCTH — YTOOK HA MOINIO MAK6 TONLKO Ka3aThed, 6yaro
apHEPMETAKA HYKIAECTCA B TaKAX IYHIANX 6l DpedcraBleHAAX.

Eenam By®&HO BHpA3ATH, 9T0 BHARE 2 U ; OBHAYRIT ONHO
A TO e pamAOHANbHOS YACJHO, TO IOMATAT ONUHAKOBO 4=25 H
b=a. Pasnudue NByX PATHOHANBHHX YHMCEJ CKABHBACICA B
TOM, UTO PA3HOCTH @ — § HMEOT UIH IOJORUTEIbHOe, UIu OTPH-
HATeIbHOE BHAWeHME. B nepsoM cxyiae a Gosvwe b, b menvue a,
9T0 E YKA3WBAETCA 3HAKAMHA 4 > b, b < a**). Tak KaK Bo BTO-
poM cenydae b— s ¥MeeT IOJOXHTeNbHOS 3HadeHHme, TO b > a,
a < b. Coobpaanmo ¢ BTOM NBOHCTBEHHOCTHIO B XApaKTepe paand-
9@A ABYX YHCOT a B 5, AMEDT MECTO eNeAyDIINe BAKOHH:

1. Boru ¢ > b, b >c¢, To a >c¢. Beakntt pas, xorma a, ¢ 6y-
AYT OBA P&3IWIEHX (AIA HEPAaBHHX) YEcIa ¥ KOrAa b Oyner
6onsme OXHOrO M MeHHIMe NPYroro, MH, He OIAGAACH OTTOJOCKA

*) Vorlesungen iber Zahlenteorie vor P. G. Lejeune-Dirichlet. Zweite
Auflage. § 159.

**) B nocaegyomes nogpasyMenaerca TAK Ha3WBREMOe ,&Ire6pa-
mAecroe” 6oabme m uedAbmie, 6CHM TONEKO Eeé UPRGSBIGHO CMOBY ,a6co
nWTHOY.
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reoMeTpRTOCKMY IPONCTABICHMAYN, 6yXeM 8T0 BHPAXATH TAK: b
J6RAT MOERy OOOHMA IACHAM H &, C.

IT. Ecrzt 4, ¢ cyTh ABA PABAUIREX THCIA, TO BCErNE C&Y-
ImMecTBYeT GeCKOREIH0® MHOMKE@CTBO YHCeNd, JEXRAWHX MOXKAY 4, C.

III. Ecaz a ectp onpemeleHHO® Ymeno, TO BCe WHCNA CH-
creMH R pacmajamrea ma msa rmacea A, m A, M8 KOHX KaEIH
comepxEAT GeCKOHeTHO MHOro MHAmBHMayyMoB. Ilepsui#t rmace A,
o6EEMaeT coboft Bce Te wHceAa g, KOTOPHE M@HbOIe g, BTOpo
Knace A, o6EAMAET COBOID BCe IACIA 4,, KOTOpHe Gonbme 4. CaMo
9HCI0 4 MOKOT GHTEH OTHECEHO IO INPORSBONY K LOPBOMY HAM KO
BTOPO:{y RJACCY @ TOIAA OHO COOTBETCTBEeHHO OHBaeT HambG0OAL-
MAM 9HCAOM B NPPBOM KlACCe MOA HAAMEHBIIMM WHCIOM BO
BropoM. B ofomx caywasx pasnomemme cmceTeMH R Ha asa
Knacea A,, A, TAKOBO, YTO KajKJ0€ WMCJO N8pBOro Kmacca A,
MOHBI® EaX[IOr0 9Mejia BTOPOTO Kiacea A,.

§ 2. CpaBHénne pauUHOHANBHLIX MHCEA ¢ TOYKAMH mnpaAMo#H
JMHHR

IMocrarneHAwe HAMM HAa BHI ¢BoiicTBA PANMONANBHEYX YH-
€es HAUOMHHANT O BSAUMHOM OTHOCHTONLHOM NONOXKEHHU TOTEK
npaMo amEmm L. Eeam pasauuare 1Ba Dpudanuexamus eoft
OPOTHBOTNOIIOREHE HAUPABIEHAN CAOBAMHE ,BUPABO‘ W ,BIOBOY,
| ecam p, g—NB8 PASIATHEE TOYKH, TO n1u60 TOUYKA p pacmo-
I0XeHA BOPARO OT §, H B TO /Re BPEMA g BIeBO OT p, HIH, HA-
o60poT, g— BOPABO OT p, M@ B TO JKé BpeMA p BieBo or 4. Tpe-
Tuil caydail HEROSMOMKEH, OCAH p W § XeHOTBHTENHHO PASINYELE
rourn. Coo6pasEo ¢ 3THM pASIHNIAGM B MOJOKOHEH HMEDT
MOCTO ONeAYIOMHO SAKOHH:

1. Ecnm p nmesmur BUIpABO OT ¢ M ¢ ONATL BIPABO OT 7, TO
H p NORHT BOPABO OT r; FOBOPAT TOIHA, 1TTO § JEXAT MOMAY
TOURAMHA p H 7.

11. Ecau p, r KBe pasauYHHE TOYKH, TO CYIIBCTBYST §eCKO-
BEYHOO MHOMKECTRO TOUOK, JGKAIEX MeXAY p H r.

1II. Eena p ecrs ompenelennsan ToYka HA L, TO Bee TOYRH
ma L pacnanamores ma nBa kmacca P, P,, W3 wxomx ramami
cofepmAT GeCKOHOTHO® MHOXecTBO HBHAuBHMAyyMos. [epsui
riace P, o6EEMaer 00600 Bce 76 TOURM p,, KOTODHO JNEHEAT
BOPABO OT p, & Bropolt Kmace P, o6HmmasT Bee TOYKW, KOTOPHS
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nexar Baeo or p. CaMa rToura p MmoEer OHTH OTHECeHA NO
pUHBBONY K LUSPBOMY HIR KO BTOpOMYy Kiaacey. B ofomx eaxy-
qaqx pasnoReEue mpamodt L HA mBa Xiracea HAE ;Ba KyCEA
TaKOBO, ITO KA!XJAA TOUKAa mepsoro kuacea P, Jexar smeno or
KRRIO0H TOYKM BTOpOro Kiscca P,.

972 aHAJOrds MeRAY PANHOHANPEEME THCIAME U TOTEAME
UpAMOY CTAHOBAICA, KAR MBBECTHO, NGHCTBHTENLHOW SABACH-
MOCTBIV, KOI'Z& HA OpAy Ol BHOAPAIT OOPeneNeERyD HAYAILHYD
nag HyAeBYH TOUKY ¢ U OOpEeieNeHHYKH ONHHANY ANUHEN IIH
HBMBDEeHHA OTpesKoB. IIpH nOMOmu DOCIeRHed MOXKRHO Iad
K&XKAOr0 PAIHOEATLHOLG YHCIS 4 TOCTPOMTE COOTBOTCTBYIOMIYIO
INiWHY, B €cin HeHECTH 6¢ Ha DPAMYD OF TOYKHM o BIPABO HIH
BI6BO, CMOTPA (0 TOMY, €0TH ¥ 4 HONOXNUTEABHOS HJIH OTpH-
NaTeLHOS THC).0, TO MONYYUM ONPEALHSHHYIO KOHOUAYH TOTIRY p,
KOTOpaA MOKOT OHTh DpPUHATA 3a TOYKY, COOTBETCTBYOMYD
gucay 4. PanuoHanssOMy 9HCIY HyJNb COOTBETCTBYET TOYKA 0.
TaxaM 06pasok, KamAOMY PANUONAJIBHOMY YMEIy g, T. . Ka-
AIOMYy REAMBBAYYMYy B R, COOrBere¢rsyer ofiEa & TONLKO OnHA
TOYKA p, TO-€0Th, OLAH WAAABUAYYM Ea l. Ecaum xsym wHenam
a, b oTBevaldT IBe TOUKH p, ¢ H €CAM 8> b, TO p JeRUT BOPABO
or ¢. 3akomam 1, II, ilI opexmuymero maparpaga BmodHE
orpeqawt saxoun I, 11, III macroamero.

§ 3. HenpepuiBHOCTb APAMO#H JIMHHR

Ho temepr darrom Benmuaitnieli BAKBOCTH SBIAETCA TO
06eTOoATeNRCTBO, 970 HA IpAMO L ecTh GeCROHEYHO MHOIO TOUOKR,
KOTOPHE HEé COOTBETCTRYIOT HUKAKOMYy PpPANHOHANRHOMY 4YHCAY.
HelterBATOILHO, @CAH T09KA p GOOTBETCTBYET PANHOHANLHOMY
9HECRYy 4, TO, KAK WBBECTHO, JIMHA op COMBMBPHMA ¢ yunorpebuen-
HOH Up® ITOCTpOEHMHE 64UHBNeH ITAHH, TO 8¢Th CYIecTBYOT
TpeThs MJKHA, TAE HasuBaeMaa ofmas Mepa, OTHOCHTENLHO KO-
ropolt 0fe ANMHHH OPeNCTABAAIOTCH HOIHME KpaTHHME. Ho yme
ApPeBHKO TPeKY SHAJA U TJORA3AJNH, TUT0 0YMECTBYWT AJINEN, HE-
COH3MBDHMHE ¢ JAHHO® eNAHANSN NIHAHH,— HANDHMSD, JAHAro-
BaJIb KBANDATA, 6TOPOHA KOTODPOTO 6CTh eAEWHHENS AJREH. Ecam
HAHECTA TARY MIMHY 0T TOYKH 0 EA OPAMYID, TO HOXYIHM
ROHeYHYR TOYKV. KCTOPOIl HWe COOTBOTCTBYST HEKAKO® pammo-
HAOBRO8 9k6N0. TIiK RK4AK Jerk > Jdaliee iTOKa3#lb, 9T0 cymecTayer
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6ecKOHETHO® MHOZKEGTBO [NHH, HECCHIMEDHMHEX ¢ eXBEHneH
IUAHH, TO MOXeM YTBep:®RiaTh: OpaMaf L. 6ecxomeuro Goaee
6oraTa BENUBHAAYYMAMA-TOUKAMM, 4YeM obmacts R panmomamsn-
HHX THCe) HEIWBAIYYMAMA-9UCHaMH,

Eenm me xorar, & 3TO B CaMOM [eXNe JREJATENLHO, HCCIe-
NOBAThL TAKES BCE ABIEHAA Ha MDAMON M ApyMeTHISCKAM Iy-
TeM, TO, B BHNY HEJOCTATOYHOCTH JVIZ STOH [eNM pPANAOHAIDL-
HHX YHCAN, CTAHCBATCH HEOGXOIUMHM CYMECTBEHHO JIYTIMHTH
IMOCTPOCHHHH NyTeM COBHIAEMA paNMOHAALHRX THCEA HHCTPY-
MeHT R, cosnas Hosue Imena TaxaM ofpa3oM, IToSH obaacTh
qucesl OpEOGpeXS Ty MXe IONHOTY, ANH, CKAKEM IPSAMO, Ty ke
Henpepmsnocmy, KAK W TMPAMAR JHHEA.

IlpaBegeEBHE J0 CAX OGP coobpa)ieHWs BCBM TaK XOpOMIO
HBBEOTHH, 9TO MEOI'HE COUTYT HX MOBTOpPEHHES® COBEPHIEHHO M8-
NIRIIEAM.

OpEako :Re, 7 HAXOXKY UX KpaTtkoe 0003peAme EeoOXORH-~
MHM O34 TOT0, ITOSH HANJeRamuM 06pasoM NOArOTOBHTH IIAB-
Hui Bompoe. IlpMEaToe [o GMX mOp BBeJEeHHE HPPAINROHAND-
HHX YBC6N CBA3KBACTCA MMEEHO € HOUATHEM O IPOTANREHHEX
BeIRIAHAX ~— KOTOP06 CAMO HHUIJE JIO CHX IIOp He OUpejlelleHo—H
onmpefenAer YHCNO, KAK PE3yIbTaT M3MEDeHES TAKOM BelHYMHH
Apyrowo Toro ke poxa *). Bumecro aroro s Tpebywo, Irobn aprd-
MOTHKA D23BHBAJACH caMa M3 cebd. Mo:kEO B ofmem corua-
CHThCA ¢ TeM, WTO TAKHE CBASH ¢ HeapHPMETUYECKAMA IIPOI-
CTABJEHAAME neavi OGas:RafimEll DOBOXN K pacMMpEHRd IOHA-
THA O YHCI® (XOTA BTO pEINKTEAbHO HE HMOJ0 MeeTa UpH
BBONGHAN KOMILIGKCEHX THCen), HO 3T0 (eByCIIOBHO Be MOZeT
CIIy:KHTh NOCTATOYSHM OCHOBAHUEM IS TOro, ITOOLI BBeCTd B
apadMeTHKy, HAYRY O THCIAX, 3TH YyxIHe efl coolpaxeHRmd.
Kax orpnpmartenchme @ Apo6HRe pPRNUOHAaJALHEE YHCAA CO3AHH
nyTeM ¢BOGOJHOIO TBOPIECTBA, M KAK BHTHCICHUS C STHAMHA
YHGAAMZ MOMEHH OHIHK B MOram OHTH CBeHEHH K BAKOHAM BH-

*) Kamymeeca npeaMymecrio 06i+OCTA TAKOTO ONPEREIORHS THOAR
HCIO3RET TOTYAC 2K, KK TOILK) HAAFWAOWL 0 ROMATeKCHHX uucaax. Ha-
o6opoT, IO MOEMY BO33POHMI, JOHATPE OTHONISHEA ABYX OQHOPONHUHX Be-
IWYHH TOTAS TONBEO MOXOT OHTL ACHO PA3RETO, KOTUAA MPPANHOHSILHNG
YHECAS Y3 BBONSHH,

ITpumen. nepesoonusa.
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YAQJIGHUN ¢ HONORUTOALHNMA NENHMHE YHACIAMHE, TOTHO TAK Ke
JOIRHO CTPEMHATHCA K TOMY, YTO6H HppPangHOHANBbHHE YHCIS
6HMIE BIONHE ONpelHeideHl Yepes XOCPeICTBO PAIHOHAILHHX
yucen. Ho xax 810 cienaTh — BOT B ¥6M BOIpOC.

Hpennnymee cpasHeHUS obnzcTe R panmOHANBENX uYuHCeolN
¢ OpAMOW WPWBENO K OTEPHTMI B HepBolt manamoB (Licken-
haftigkeit), BemommoTH, Wiam paspHBHOCTH, MeRAYy TeM K&k
opsaMo MH NPHADHGHBAEM MOIHOTY, OTCYTCTBHE HpolemoB, MIR
HENPEPHEHOCTL, B deM e, COGCTBEHHO, COCTOAT BTA HBNPEPHB-
HOCTR? Bee m zarmoumeTeda B OTBeTE HA BTOT BOIPOC, M TONDKO
B 3TOM 0TBOTEé MH IpHOOpETdeM HAYIHOS OCHOBAHH® I HCCIe-
HOBaHHA 6cex HeNpepHBHHX obaacrelf. CMyTHEME pasrosopaMu
0 HenpepHBHOH CBASH MaJeXmmx dACTHI, KOHETHO, HUIETO He
poeturgems. Jeqo Hoer o ToM, 9T00H J4aTh TOYHHU IpASHAK
HOMPePHBHOCTH, KOTOPHY MOr OH CNyXRBTH 6asHcoM neicTmH-
TenbEHx meaykunm#. J[Joxroe BpeMs s BanpacHO of sToM XIy-
Ma), §0, HAKOHEN, HAMIEA MCKOMoe. PasHHe ndAma, BepOATHO,
ONEHAT 5Ty HAXOQKY PAa3IHTHO, HO BCe e A AyMaw, 9To Goib-
muEeTBO Hallmer ee comepikaHme BechMa TpusmaasEnM. OHO
COCTOMT B CHeAyDINeM: B IpeIHAYNIHX Imaparpagax ofpameno
OHNI0 BHEMaHHE HA TO, ITO KARAAA TOUKA p OpAMOH IPOHS-
BOOAT paSNOXeHHe NpsaMo¥ HA JBe YACTH TAKHM O6pa3oM, 4TO
KasKAas TOYKA OXHOM 9YACTH PpACHONONEHA BIOBO OT KamRIoH
TOYKE Hpyro#t, f yemaTpusaw Temeph CyIHOCTH HENPEPHBHOCTH
B oO6paTHOM NIDHHOMIG, TO-6CTH, B CAEXYIOMEM:

HEcna Bece TOIRHU npAMo#d pacuazamTes HA JIBA Riacea
TAKOTO DPONA, ITO KAMWIasd TOYKA IEPBOre Hiaccs JeHKHAT BIABO
OT K&KJ0it TOYKH BTOPOTo Kiacca, TO CYMECTBYET OHA K TONBEO
OfHA TOYKA, KOTOpPAS IPOH3BOIMI BSTO PasaeleRne DpAMoil
Ha JIBa KIacca, 9TO paccedeHme NpAMOH Ha aBa Kyeka“ “).

¥) To-ecrs, ecim, caefyda Kaxomy 6uH To HE 6mi10 Baromy (XPABULY),
HANpPAMED, NONYHHAACE YCIOBUEM HEKOTODOU Bafgad®, MW TPOH3BOAOM paa-
nexesns rmowex mpawot ms xBa KNAacca TakAM oGpazom, To 1) Kamped
Touka upsuofl npmpagnemnr auGo k ToMy, AEGo K ApPyrowy Edaccy, m
2) KRMEaH TOTRE ONHOCQ KIACC8 PRCHONCIKEHA BIOBO OT KeXAOW TOYRH
APYTOro RIACCA, TO CYUIECTRYOT ONHA H TONBKO ORHA TOYKA TAKOr0 CBOH-
CTRa, ITO KAXK[ARA TOYKA, BIGAO OT Hee JOEAINAH, NPHEANIOKHT ¥ OXHOMY
KI&CCY, B BCO OCTAUAHHO TOYKE NPAMON NIpEHEANIEXLT K APYroMy xiaccy.
Ecom 6 un pasepsanm wpsmym, T. 8. yEaamad Gm a3 wee orpeacx AB
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Kax yxe um 6uno cxasamo, d, KameTed, He omabaoch,
OPAHAB, 9T0 KA&RIHE TOTIAC Ko COINTACATCA ¢ WCTEHHOCTLIO
BTOr0 YTBepRACHHA; GONLIMAHCTEO MOBX YHTaTeled 6ynyT maxe
09€Hb pas0vapOBAHK, Y3HAB, YTO MOCPONCTBOM STOH TPHBHANL-
HOCTH NonxeH ONTh CHAT NOKPOB ¢ TalHE HempepHBHOCTH. Lo
STOMY HOBORY & 3aMedy clie/iyloinse. MHe 0TeHb NDUATHO, €CAH
RaEIHE} HAXOOAT YOOMAHYTHE NUPABNOMI €TONB ACHHM H B Ta-
Kol Mepe cOrmacHM CO CBOMM TDBACTABJIGHHAEM O NpAMOY am-
HAd, 160 A peMUTeNLHO HEe B COCTOAHHU IPHBECTH Kakoe On
TO HE GHIIO0 MOKA3ATENBCTBO CIPABEJIUBOCTH STONO TPUHIHOA,
M HUKTO He B COCTOAHUH BTOTO cnenars. lIpuHATHE 8TOrO GBOM-
eTBa UpAMOH AWMHAM ecTh He 9TO WHOE, Kak AKCHOMa, mocpen-
CTBOM KOTOPOH MH TOJBKO ¥ OpH3HaeM 3a OpAMOH ee Aempe-
PHBHOCTb, MHCIeHHO BraammBaed (hineindenken) wmempepms-
HOCTh B mpaMyn. Eenu Boo6me mpocTpaHCTBO MMeeT peaneHoe
O6HTUE, TO €MY memt neobxodumocnu GHTH BenpepHBHEM, Becum-
CIIeHHHE ero CROHCTBA oOeTaBalHCh OH TOMH e, ecaubH OHO
6nmo paspmsamM, I een OH MH 3HalNH HaBEPHO®, YTO IpO-
OTpPAHCTBO He 00llafaeT HEeOpPEPHBBOCTEIO, TO, IPH JKeJaHUH,
HAM BCe-TAKM HHYTO HEe MOMVIO 6K NOMemaTh c¢IelaTh ero He-
OpepHBHHM Jep233 MHCIHHOE B3alONHEHH® ero npobeaoB. OTo
3aOONHEARE AOMAKHO OHIIO O COCTOATH B COBHIAHHH HO-
BHIX TOYeK W OCYIHeeTBIANOch OH C€0006pasHO YHOMAHyTOMY
NpHENHOY.

TO ocTaBmMmiica reoserpmveckmit o6paa (.pazopmanuen‘ mpamas) Gma 6&
paadET Ra xna Rycka P w Q, Aexamie ¢ pazIngauwx ¢TOPOH MIBENA TA-
BAM 00pa3oy, YTo 1) KaKAAS TOUKA PACCMATPUBABMUTLO 06paza mpEusjIe-
mana 60 anbo K wiaccy P, npGo k Rasccy @, m 2) ecam 61 kycox P, co-
Repmamnil ToIRY A, neman BIOBO OT NILAUL. YO KAKIAU TOYKA Kraccs P
nexana GW sneso or Ramzodh roanu xuacen (), Tauum obpasoM, Ramaas
TOYKa, TOEAMAN BAEBO OT TOUKA A, W T0TIKA A NpUHANISRANH G K RIaCCY
P, 8 Bee ocranhume Touxkm —k xuaccy (). Toaka B ofnanaer nogabuum =me
cBojicTsoM: Bce ToUERW Hawero ofpasn, Jemaimme BiIeso or B, mpwHajgme-
®=AT K Knacey P; octanbrHe ToYRE—k Rnacey Q. CymecTsoBaBmeM He ofHOMH,
& ABYX TOYUEK TAKOTO ¢BOHCTBE, Kak A w B, XapakTepHEayerca paapREHOCTE
Hamero o6pasa. HeBosMoMHOCTEO CyMECTEORAHEA NBYX TAaKMX TOYEK I
OyIMecTBOBaHOeNM OXHOI TOYKH TAKOrO POAa OOpPBASNEETCH HENpPepHBHEOCTD
opaxoi.
IIpusey. mepeaoovuna.
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§ 4. Co3nnanne HppanHOHaNbMbIX 4HCEN

IlocaemEEME cNOBAME Y7Re JOCTATOTHO JACHO YKABHBAGTCH,
KaxaM o6pasoM paspuBEas o6xaeTe R panmomamemmx 9mncen
J0IREA GHTH HOHONHEeHA IO IPEBpAINEEHA € B HEMpPepHBHYD,
Kar sro mocraBiaero 6mmo ma sag B § 1 (III), xaxmoe pammo-
HAaJHHOE YHCJIO0 4 NPOHSBONAT DA3NOKeHHE cHCTeMH R Ha saBa
gaacea A, ¥ A, TaKOr0o poma, 9r0o KaEA08 UHCIO 4, IIEPBOTO
KJIacca MeHbINE KaXXIOTO dYHCAZ 4, BTOPOTO Kiacca. 1HCIO
a TpejcTABISAST NM60 EanGoabmeEe YHCHO Kiacca A, mu6o Ham-
MeHbINee YHCHO Xiuacca A,. Eeam Temepr namo kakoe-imGo
nojppasieneHne cHcTeMH R Ha aBa kmacca A, A,, obmamen-
mee TONBKO TEM XA&PAKTEDHHM CBOZCTBOM, YTO KAXKI0E YHCIO
4, B3 A, MeHBII® KAXKIOrO THCHA 4, M3 A,, TO IIA EPATKOCTH
MH 6ynes HasHBATL TaKOe NOJAPA3JIENCHHE ceuenuew U OyneM
ero of6osEavaTh uepes (A,, A,). M MokeM TOTZA CK43aTh, 9TO
K8XRZ068 TUCI0 ¢ IPOH3BOORT OJHO HAH, coGCTBeHHO, ABA ce-
4eRnsd, HA KOTOpHIe MH, ONHAKO, He 6ymeM CMOTpeTs, KaKk Ha
0yIMecTBORHO paanvudHue *); 3T0 COUCHU® HMEET KpoMe #o0 TO
cBOMCTBO. UTO JHOO MEMRIy YUCIAMH HEPBOrO RIacca €CTh HaH-
Gonbmee, AHGO MeXRAYy WHCAAMU BTODOTO KIIACCA CYIMECTBYET
nagMeEbmee. J1 Haobopor, ecau cedeHAe O6JAXAET H BTHM
CBOACTBOM, TO OHO IPOM3BOAMATCA STHM HANCONBLIIAM HIIH HAH-
MEHBIIEM THCIOM.

Jerko, oguakro, y6ennrhca B TOM, 4TO CYmecTByer G6ec-
9ACHGHHOS MHORECTBO ceUeHHY, KOTOpHE He MOryr O6HTH mpo-
ASBEJNSHH pANAOHANBHNM 9Y@cAOM. Damxalmmuil DpuMep ecrs
caenyomui.

Hyers D 6yner monomarensHO® meoe WHCTO, HO HO KBa-
npaT neaoro Fucaa. CymecTByer MOJORATENBHOS LON0E YHUEHO )
TAKOTO poja, 4TO

R D 1)

‘) Yucno a MOWer OHTE OTHECeHO E OepBOMYy HJIW BTOPOMY Knaccy.
06a stE moxpaspeneuns R Ha xBa Knaccs paccMATpEBABTCH, K&K ARS Y-
yag OXHEOT0 K TOI'O e CeIGHEHY. B OepBOM CaAYy9a46, ROI'A& YHCIXO 4 OTHO-
€680 K OepBOMYy KIACCY, OHO €CcTh namboabinee qHENO B DOPBON KIacce, B
MOJAL3f YRa3aTh HaHMOHLWErO QRCAE BO BTOPOM KIACCE; BO BTOPOM crydae

Her EAaROONEBINGro YHCAa B NEPBOM KIACEE, HO 4 BOTH BAHMEOBEIIES TUCIO
BO BTOPOM KIACCE,

ITpusen. nepesodsurn
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Ecan mosnmeM nuA BTOpOro kiaces A, KaXKA0Oe NOJOMU-
TONHHO® PATIMOHANBLHO® YUCNO, Koroporo ksanpaT > D, a naa
OepBOro Kiacea A, BCe OCTANbHHE pAMUOBANLHEE YHCTA, TO
5TO NOApA3MIeTBHAE COCTABHT ceuenme (A, A,), To-ecTh, KaXIO
quedo 4, Gyner MeHbme KAWAZOr0o ducla g, VIMeHHO, KOTAA
4,—0 HJIA 6CTh OTPUUATOINHHO® IMEJIO, TO YKE B CHANY JTOTO 4,
MeHBITE KaXJOTO Jucya 4, #60 3T0 nocwegHee, 1o onpepeie-
HA, OpefleTaBIseT co60i uonoxurenscroe gdcxo. Eemrm ke a
€CTh THCIO MOJOXMTEsNhHOE, To ero ksampar < D, m, cmenoma-
TedBHO, 4, MEHBII® KAXRAOTO WHCAA 4, KOTOporo Kmampar > D.
OT0 ce9eHAe He NPOMSBOJHTEHA, ONHAKO, HAKAKHM pPanio-
HANBEEIM 9MCAOM. UTOOH NOKABaTh BTO, JLOMMKHO IIPEXKIE BEETO
06HADPYXUTh, 9TO HET HAKAKONO PANHOHANRHOIO dYuena, KOTO-
poro kBazpar paser D. Xors 5T0 M M3BECTHO M3 LEPBRX BJE-
MEHTOB TEODHN YHCEN, HO MH BCE 3Xe HAXOAUM BOSMOMKHHM
YOOAHTH MECTO CIeAYIOMeMy KOCBeHHOMY HoKa2aTelneTBy. Ecam
6CTH PAI[AOHAJBLHO® 9YACJIO, KOTOporo kpaxpar = D), To cyme-
CTBYIOT M fBa HOJOXHTEJNLEHX NOIHX 4Yuelda ! W 1, KOTOpHe
YEOBJIETBOPHDT yPABHEHHIO
2—Dul==0,
¥ MOXHO IPAHATH, UTO 7 €CTh HauMeHbuice MOJOKHUTENLHOS IIe-
706 IEeHo, 06IaZalmes TeM cBOHCTBOM, YTO €ro KBagpaT de-
pe3 yMHOMNeHms Ha D) ofpamaeTcd B EBAJpAT HOKOTODOIO 8-
aoro nmena . Tak rax, oTenugHO ¥),
e < t < (M- 1),
TO YHEIO
By =1—u
€CTE TOJIORETEIHEOE TISJ06 WHUEHAO M OPHTOM MeHBINee, YeM 1.
Eenun, panee, moxomurs
t==Du — M,
T0 ¥ }, 6yHeT NOJOKHTEABHOE “*) IEN06 TUCI0, I PHIEM IOy I86M

#) Udcno ¢ He momkeT OGWTH HPATHHM SHCHs x, AGO B OPOTUBROM
cnysse Mu, 060sHaYAR Tepe3 A TIONOMHTeNLNO08 Ilenoe, HMenm OH ¢ = Au;
A2y — Du? =0 mau D = }? 910 mepomyecrmMo, TaK Kak D HE TounHil KBa-
apar. OTcope cuenyer, IT0 f COAGDMUTER MEKKY HOKOTOPHME KBYME UO
CIeNOBATOIHNME TIOHAMHE Av B (A4 1) u paga u, 2u. 3u,..

[Ipumey. nepesocdunsa,

**) M6o tu =D — ==t — Mu =} {l -— M) = 1uy,

Hpurey, wepeaodnusn,
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B, — Dy = (2 —D) (12 — Du®) == 0,
YT0 JIPOTABOPETAT NOUYMSHAIO0, CAEAARHOMY NTHOCHTENLHO #.
TaraM o6pasoM, KBAXpPAT BCAROIG pANUOBAJLHOTO IACHA
g aan < D, min > D. Orciona nerxko BHBOZATEA, 9TO B KAac-
ce A, Her maubonabmero, a B kiacce A, HeT HAMMOHBIIErO Y-
exua. JelierBurensHo, eciaE MDONOXKHTH

__x(x* - 3D)
3x*+4-D ’
TO
. 2x(D—x?)
yoox
3x2--D
u
2 —-D-= ;_(_xf___.D)__a .
: (8x* 4~ D)’

Eenn B3are 8mech MIA x MONOEKHUTONALHOS TMCIO W3 KJIAc-
ca A,, To x*<<D, caenosarensuo, y>x u y*<D; nosTouy y
TaKXKe TPUHALIEKEAT ¥ kaacey A,. Eenm Re IDONOMHTH, 9T0 X
€cTh THeNo W3 Kmaecea A, To y<lx; x>0 m y?>D, Tak aro
7 y DPUEAKIERNT K Kiaccy A,. OTO cgueHHe He IPOHSBONUTCH,
CJI610BATEIFHEO, HUKARAM pPANWOHAIBHKM YHCIOM.

B Tom cRolicTBe, UTO He BCe CeUeHUA ITPOMBBONATES pA-
MHOHANLHNHME THCIaMH, W COCTOMT HEIOXHOTA, WJA PASPHB-
HoCTh, 06macTH R pauuoHANBHEHX YHCes.

Temepr BeAruit pa3s, rorma RaM paHO cewoHHe (A,, A,),
KOTOpOe Be MOKeT ONTbL NUPONSBENeR0 HUKAKUM PANAOEANL-
HHM THGIOM, MH c03daesm HOBOE uppayuondisnoe 9IACIO &, KOTO-
TOpOe paccMATpHBAETCsA HAMH, KAK RIOJIHE ONPONENICHHOS HTAM
cetenneM (A, A)). Mu ckaxeM, 910 UACHO @ GOOTROTCTBYOT
STOMY CEe49eHHIO, MIIM YTO OHO IPOHMABOAAT 3TO cedeHAs. Takmm
0o6pasoM, OTHHHE KAXKIOMY ONpEJIeNeRHOMY CE4OHAI COOTBET-
CTByeT OJHO W TONHLKO OZHO DANAOHAIBLHOS MIA WPPANBOHANL-
HOE YHCAO0, M MH 6GymeM CMOTpeTs Ha ABAa THENA, KAK HA pas-
AuuNNe UTA Hepasusie, TOTHA M TOJNBKO TOTHAA, KOrAa OHH COOT-
BETCTBY®T CYIECTBOHHO DPABIHYHHM CETEHMAM.

Yro6w HaWTU OCHOBARWE ANA PACUPENSNCHAS BCOX aeuyje-
CMBEHNNX, T. €. BCEX PANMOHANHHHX W WPPATHUOHAIBEHX I¥ced,
HaM HEOOXOXMMO npexje BCETO WCCASXOBATH COOTHOMEHHS
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MeXAy AByMs xakaMm-anbo cevemmamm (A, A) = (B, B,),
DPONSBOJUMEMEA KAKAMH YrOXEO XBYMA ducaamd « u 5. Bes-
xoe cegenme (A,, A,;), OY6BEXHO, XAHO BIOOJHE Y6 B TOM CXy-
4ae, KOrNa MH 3HAeM OA¢H M3 ABYX KIACCOB, HAOpUMED, Iep-
BHt xmace A, moroMy YT0 BTOpo#t A, cosTOmT WMB BCEX PANMO-
HaObHHX THCeJ, He SaRAMIAOMHXCA B Kiacce A,; XapakrepHOi
We 0CO0eHHOCTHIO STOTO OEPBOro KJacca SBAAeTCA TO, YTO, BA-
EKnp3ad B cefe KRaKoe-ma60 URMCHO 4,, OB CONEPKHMT H BECO THOIA,
MeHRmAS 2,. Beny Temeps ¢paBHATL TBA MEPBHX RIACCA BTOTO
pona A, m B,, To MokeT cnyIATHCA, 1) UTO OHH BIOJEE TOMIE-
CTBEHHH, T. ©. E&&0e IACJ0, cojepiameecs B A, conepxnres
TaKke W B B,, I Kammoe Imcino, cosepxameeca B B,, comep-
muares 1 B A,. B srom cayzae A; meobxoammMo TORIECTBERHO
¢ B,; o6a cevennsa BoONHE TOMROCTBEHHH, YT0 MH S8HAKAME
BMpaXaeM dYepes a== 3, mIE 3 =a.

Ho ecam nmea kxacea A, m B, He TOXRIEOTBOHHH, TC B
OXHOM, HAUpAMED, B A,, ecTh JaECTO 4’,==b',, HO comepmameaca
B Exacce B, u saxnmod9ammeecs, caeaorarensHo, B B,; mosrowuy,
Bte YMOJIR b, aaknouawmBEecs B B,, HeCOMREEHO, GyRyT MEHb-
me, 96M BTO YmeNO g'(-=},; eJlemoBaTEeNbHO, Bee Wuela b 3a-
KJI0IaPTes @ B A,

Eexu ke 2) sro wmcno o', 6yneT eXMHCTBEHHHM YHCIOM
B A,, He BxonAmuM B B,, T0 BcARO® mpyroe wmcumo a,, conep-
wameecs B A,, Oyner couep:RaThcad H B B,, a moroMy 4, MeHDb-
me a’,, T. 8. 4’; 6CTh HAR6OJBMIEe MOKNY THCIAME 4,; TWOBTO-
My ceuemme (A;, A;) UpPORBBOAHTCH PAUHOHAJNLHHM JHCIOM
a=a',=},. OrROCHTENEHO BTOpOrO cevemma (B,, B,) mMm y=xe
s@aeM, 9T0 Bee drena b, Raaeca B, ¢onmepxares m B A, & wo-
TOMY OHH MoHBHIE, YeM Tueno a', = b'y, EOTOpOe COMEpIRUTCA B
B,; Bcaxoe e npyroe umeno b,, comepmkameees B B,, noxmmo
6uTe. Goanme, yeM b',, oTOMy uTOo MHAYe b, Gmro 6 TakKe
MeHbIme, YeM a’;, B 3aKI0YaNoch GH B A, 8 CAOAOBATONBHO,
m B B,. Takam obpasom, }'; ecTp HamMeHLINEE MEKILY YHCIAMH,
comepxammamuca B8 B,; ciemosarensro, m ceserne (B,, B,) npo-
HBBORHTCA TeM ¥R DRmHOHAIFENM ymeXoM J=}, =4a',=a. 06a
Ge96HMA IIOSTOMY HECYUISCTBERHO PABIATHH.

Ho ecnm 3) B A, ecth, no xpaline#t Mope, IBA pA3AHAHHX
PAUMOHRABHEX umena 4, =¥, m 4" =1V'y, Be comepmammuxes
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B B,, 10 ux oymecTByeT M GOCROHEYRO® MHOMECTBO, INOTOMY
qTU BCE GECKOHETHOS MHONROCTBO IHOEN, NERAMHUX MexXAy 4, ®
a,” (§ 1,1I), conepsnresn, ouennamo, B A;, B0 EHe B B,. [pa
9YHexa o B 3, COOTBETCTRYMIIEe B STOM CNyTae CyMECTBEHHO
pasnnyEEM cedeHAAM (A,, A,) m (B,, By), Mu Takime masomen
passuusnmmu, 8 UMCHHO CKAKOM, WTO a Oossme, dem [, dr0 B
Menduie, 9eM o, ¥ BHPA3AM OT0 B 3HAKAX KAK 2epes a>> 3, TaK
m gepes 3 <« 3mecw caemyeT MMeTh B BUAY, YTO 310 Ompexne-
JeHABs BIOJHE COBOANA6T ¢ NpPOXHUM, Korxa o6a qmeaa a & §
6uam panuoHANLHHMA.

Ocraprea eme cieqyomue BO3MOXKHWSE CIHyYad: ecin
4) B B, conepsxmTea ONHO W TONBKO OXHD TMex0 b, =4a',, He
comepikameees B A,, To 06a cewenus (A,, A,) n (B,, B,) roarxo
HeeCYEeCTBOHHO PARJMYHH ¥ IPOM3BONATCA ONHAM H TeM X6
ymenoM a=4d', =}, =73. Ecnm ke 5) B B, ects, mo wpatimeit
Mepe, JABS PASIEIHNYX YHACIA, He CONCPHAMEXOA B A, 10 3>0,
a <l B

Tak XaR 8TEM HCIOPIHBALTOA BCE CIYTIAH, TO SAKIIOTAOM,
910 B8 ABYX DPASTHIHHI UHCON ONHO HEOGXOXMEMO OKAMKEeTCS
GoabmuM, APYToe MEHLIMUM: 8HeCh JBA BOAMOKHHX caydas. Tpe-
Tt cnyvalt BeBosMO:keH. OTO 3aKIIOTANOCH Y:XKe B YIOTPe-
Gnenun cpasuumesvroft cmienenu (6oALINE, MERpME) Jd9 BHDAa-
MEHAA OTHOUIEHUA MeXAy a M f; HO TONBEO Temeph BHGOp Ta-
KOr0 BHpPAXXERMA BOOJEH® ONpABAAH. VMeHHO PR HBHCKABMAX
TAKOro poRa Beo6XomwMOo caMuM BAGOTIRBHM o06pa3oM ocrepe-
rarbes, 9TO6H, J4iRe OpPN BCOM JKeNaHAY OHTL DeCTHHM, He
yBIeYBECA ¥ He CIANATH HENOBBONMTENLEHX TepeHeCeHH# us
on"od obascTy B APYryo H3-3a MOCHEmMHOr0 BHOOpA BHpakxe-
HRlf, oTHOCAMMXGA K APYruM, y&Ke PASBUTHM IPEICTABICHEAM.

Ecna c¢moBa TowHO ofcyaumM cayualt a >3, To Halinew,
9TO MeHbIIEee IHCNO 3 B TOM CIydae, KOrjga OHO PAHUOHANBEOS,
HaBEPHO UpWHARNEAKHAT K Kiacey A,. Je#eTBBTONbHO, TaK KAK
B A, ects wueno 4, =, npnEanIexkamee Kk kaacey B,, To He-
8aBHCBMO OT TOre, Gymer am 3 Hamboarmmud wnenaoM B B, nmam
HaWMeEbmMUAM B By, HaBepmnoe mMeeM 2< 4/, H, CIeJ0BRTENBLEO,
B comepmarea B A,. TouHo Tak xXe ma a >3 BHBOAHTCA, ITO
Gombmee wiedo @, ROFXA OHO DPANUOHANBHOS, HENPEMeHHEO 060-
nepanrca B B,, m6o a<d,. Coenumas o6a coobpaxenns,
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malineM onexyomuil peaymprar: ecam cedeHme (A, A,) nponsro-
AHATCA YHCIAOM a, TO BCAKOS PANNOHANBHOES YHCIO opuARanje-
JRET K Rnacey A, mam X Kiaaecy A,, cMOoTpd IO ToMy, 6ymer
JA OHO MeHLme HIR Godbme a. Eeaw ¢aMo 9meNo o pamdoHANS-
HOE, TO OHO MO;EeT NPHHANIERATH K TOMY RJIU JPYTOMY KIacey.

Orcwna, HaKOHEHN, BHTERAET eIMe M CJIeNyDINes: eciH
a >3, ecam, BRAYHT, CymecTBYeT GecIMCIOHHOEe MHOIKECTBO TU-
cex B A,, He cojepxamuxcs B B, T0 cymecrByeT cpemm HUX
TAK:KG GECKOHETHOO MHOMOCTBO TAKMX YHCEN, KOTOPHe OIHO-
BpeMeHHO OTIMIHH H oT @, B oT 3. Kammoe rakoe panmomans-
Hoe ymeqo ¢ < ¢, m60 OHO COHmepXKHTeA B A, I B TO )6 BpeMd
OHO > [}, moTOMY 4TO comepxHTea B B,.

§ 5. HenpepnHocTh 06aacTH BEULECTBEHHBIX THCEN

CoofpasHao ¢ TBepHO YCTAHOBIGHAHMM HAMHU POJAMH pa3-
amyaa aucen, c@eTeMa M BceX BOMECTBEHHHX wHceX o6pasyer
NpaBUABHO pacupefeleHEYH o6nacTs OXHOrO H3MEpPeRHA. JTHM
CKABRHO TOJNBKO TO, ITO MMEKOT MECTO HHROCIOMYDIIHE 3AROHH:

I. Berm a >3 m 3>y, Touwa>y. Mu 6yneM rosopaTh, 9T0
3 memHT MeXAy IACNAMH & H Y.

1I. Ecan o, Y cyTs [BA PABNMYHAHX YHCIA, TO BEOTAA CY-
IecTBY6T GeCKOHEYN06 MHOXKECTBO PABIMYHHEX INCON, JeKANMAX
MeXIy JHCIAMA a H 7.

111. Ecpa « ecrs onpemeleHHO® YHCIO, TO BCe THCAA CH-
ereMu R pacuanmawrea Ha xBa kxacea ¥, m ¥, m8 xoux KamIHIl
comeprur G6CKOHEYHO MHOro MHAWBAAYYMOB. [TepBui#t kxace A,
ofrEMaeT co601w BCe Te THCIA a,, KOTOPMe < a; BTOpO KiIaec
A, obHEMaET Bce Te YHCIA @, KOTOpHe > a. CaMo wmemo a Mo-
IReT GHTh OTHECEHO MO NPOHM3BOJIY K HEPBOMY MAM KO BTODOMY
KIacCy M TOUZXA OHO COOTBETCTBOHHO GHIBAST HAWGONLIIAM YH-
¢IOM B H6PBOM HIIA HaRMeHBLIIHM BO BTOPOM Kiacce. B obomx
ciydadx pasmomeHne cmereMu R Ha nBa kmacea U, m A, Ta-
KOBO, 9T0 RaiI0e IHCIO MEPBOTO Kiaacca U, MeHBII® KAKIOrO
gncaa BTOporo kuaceca U,, M MH TOBOPHM, 970 3TO PasjOomeHHE
NPOHSBONEHO YHCIOM a.

Yro6H 6HTH KPATEHM W HO YTOMAATH YHTATENH, A ONYCKAK
IOKa3aTeNIbCTBA BTHUX IIOJIOXKOHAH, BHTOKAKIMAS HAIOCPEICTBEHHO
H3 ompejeleHHHE NMpeAHAYMUX Naparpados.



[ A

23

Kpoume srax cwoiters, obnacts R obmamaer eme nenpepois-
Hocmbio, TO CTh BMEST MeCTO CleAylInee IpeMJOMKEeHHe:

IV. Ecna omerema R Bcex BemmecTBeHHARX dmced pacha-
naeresa Ha nra kuacea ¥, m Y, Takoro poma, ITO KAKM0E TACIO
a,, kaacea ¥ Membme kammoro Tmena a, kiacea A, 10 cyme-
CTBYeT ONHO H TOJBLEO OJHO IHCIO o, IPOH3BONSIMIEE BTO PABIO-
EeHHe. )

Loxasamesscmeo. Bumecre ¢ pasnomeHmeM niam cedemmeM N
Ha npa rracea ¥, m U, neerca m HOKoTOpOe ceuemme (A, A,)
cacreMd R Bcex pamAOHANSHHX 9ME6N, 0OPENEIASMOS TeM Ipa-
BRJIOM, 9TO A, COJCDPRWUT BCO PANMOHANBHEHE 4mcaa Kiaacea U,,
a A, BRce OCTANPHHO DPANAOHANLHHE IHCHA, TO 6CTH BCe pAIHO-
HanpEHE ncaa kuacea U, Ilyers a GyneT 1o BHOXHE OMpenener-
HOe uAcyio, KOTOPHM Ipon3sonures 8To cedemme (A,, A,). Ecan
Temepb [ ecrp KAKOe-1u60 YHCNO, OTIHTHO® OT 2, TO 6YIIECTBYET
66CKOHEYHO MEOIO PpANVOHAJNBRHX YGHCEN [, KOTOPHE JGHEAT
vexny a u 3. Kemm 3<a, mo ¢ < 7; HoaTOMy ¢ DPHHAJIERNAT
K knacey A, a ciegoBaTenbHO, M R KIaccy ¥, HO Tak KAE BMecCTe
¢ arAaM 3 < ¢, TO I 3 OpHHANIERUT K TOMy ke kaaccy ¥, m6o
Kamjoe grcno B ¥, Gomemwe wamporo wmexna ¢ ms Y,. Feau me
B>a, TO < % DO3TOMY ¢ HPHHALTGRHT K Kaacey A,,a cxeno-
BATENBEO, B K KJacey U,; HO TAK KAK BMeCTe ¢ 8TUM 3 >., TO H
8 mpmEagnesRAT K Kiaccy U,, moroMy ITO Kamnoe IZcao B A,
MeHEbme kaxgoro wgHexa ¢ u3 U, Takmm o6pasoM, kamxioe
g@eno ff, OTAAYHOS OT a, NPHHANIEEHMT MIu E kaaccy U, nam
E wiacey ¥, cMorpa mo tomy, Symer mm 3 < e, mam 3> a; cxe-
JOBATeNbHO, C8MO o TpeJcTaBider Jub0 Hambouasmee 9IHEI0 B
UA;, mx60 mammeRrbmee B Uy, TO 6CTH, @ 6CTH HEKOTOpPOE W, 0U6-
BUIHO, €NHHCTBEHHOS GUMCIO, UPOMSBONANIEE pPASJIONKEEHEe CH-
creMmu Rt Ba kunacew U, m U, Gro # TpeGOBaNOCH IOKABATD.

§ 6. BgncneHus ¢ BEIECTBEHHMMR YUCIAMBR

Hna roro, 9To6H BHYHCIEHHE C JOBYMA BENECTBEHHHMM
queNAMA @ B J CBeeTH K BHYACACHWIO ¢ PpaIZOHANEHHMYM YH.
caaMu, HYXRHO TONLKO no asyM cedemmaM (A,, A,) u (B, B,)
OPOHSBOJAEMHM 4YHCIAME a B 3 B cHcreMe R, onpemeamrTs

cegerme (C,, C,), coorserersywmee Ppe3yibTary Y BHYHCIS-
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HEa *). Mu orpammumMcs 8flech HPHBOAEHHESM TpocTeHmero
mpAMepa —CAOMKEHRAS.

Ecnm ¢ eerh karoe-mH60 PaIMOHANLHOE QHEIO, TO MH OT-
HeceM ero K kiacey C,, xorza cymectByeT wmeno a2, B A, H
qucido b, 8 B, Taroro poxa, 9ro a, -+ b, >c. Bee npyrme amena
¢ orBeceM k wimacey C,. Oro mompaspgeseHEe BCeX DPAIAOHAJNDL-
HHX uncen Ba nsa kiaacea C, m C,, ouesmpmmo, ofpasyer ce-

*) ABTOp, 0Y6BRAHO, XOTO] CKABATE CNeRyDINee: KeilcTREA clomennd,
BHYNTAPHAG, YMHOMEHES H NeneHus ODpeaenens Owam no cux uop ToABKO
Ald PARUOHANLEWX THCEXN; ANF EPPANHONAILEHX Ke IHCeN ITH AeHCTREA
fge GyayT EMOTh CMHCIA N0 TeX NOp, IOKa MH He YCIOBRMCHE OTHOCETENHHO
TOro, RAEOH WMEHHO CMHCI MH HcéAdeM HEM OPHIABATL B NPHMAHEHHH X
HDpPaQEORANBENRM JACAAM. Tak, HaupEMOp, CyMMY ABYX RPpPRUHORANLHEX
9RCEnT HONB3A OUPORENHTH HE K&K COBORYDHOCTH, B KOTOPOH CcopepXHTCH
CTONGKO OXHRHN, ¥ ATURBOTHHX wacTed e UHEIOH, CKOALKO BX B ABYX CHA-
TAGMHX, DMecTe RSTHX, X HEAYRTUBHO, RaK 3ro Xeman [paccuanr mag me-
nux gween, 6o HE TO, RH APYroe OOPEfENOHHUE He HMEST 3N6CH CMHCIL:
Mu Morau 6u m coBoeM He ynoTpeGasTh TepMEH& ,CyMMa® B OpPHMONESHEE
B APPANHOHAJBHNM 2MCIRM, FOROPE, IT0 HPPSNUONAIRAKE THCIL HO EMOIOT
CYMMH, HO JemsTh TAKOE B mOno6moe orpaEddendme Omao G B BHCcmref
oTemenm HeyXobHo; ¢ Kpyro#t cropomn, coofpsayacs ¢ BHrojams cobmo-
XeHEs 8 ogHod M TOH ®e ob6nacrEm 3NAHEA TAK HABWRBAEMOrO IpaBEAL
NepMAHEHTHOCTH B OUPERENECHEH TepMlina (00 dTOMY OP8BHIAY BCERKO® M3~
MOHOEH6 B COOSHAYOHAN TEePMUHS ACTRHO COBEPIIATHCH TAK, ITOGH BoBOe
COO3HATOEME MO BOBMOMHOCTH HE TONEKO HEe IPOTUROPEYRI0 DPORHEMY,
HO 3aK7I09810 GH noczexEee, sx wacTaAwd cayuai), Syner Banbosnee nexe-
¢c006pasHuM ONpPeREeNETh TEePMEHH OCHOBHHX Xeiicren#i Wax BemecTBexH-
HHMH TUCIAMH T&K, YTOGH B CBOeM HOBOM COO3HAYEHUR B3TH TEPMUHH
Morag ORTE OTHOCHMH KRX K DANZOHANEHNM, TAK H K NPPaNAOHATBHEM
g@Eenaw, B 4robH, coBepluagd HaX PAOEONATLEHME YHCIAME ReHCTRHE HA
OCHOBAfIHA HOBOr'0O HX ONpEjeNeHNd, MH BCOrjs NOLYTIAIH UpPemMHES Pe-
syastarH. yers T 6ymer peayasTaT cosepmieHas Heroroporo neiicrema O
HRJ ABYM# EpOR3BONBENMYU PARWOHANLEHME TRcnaMm® a . Ecmu maiimen
upasrao K, mo xoropoMy, 3Has ¢e96HES, NIPOE3BONRMES IRENAMH « U 3, MK
BCUrSa B CUCTOAHUY HAHTH cegeHEe, DPOH3BOXEMO® YACIONM Y, TO RelicTBHE
O Momnpo GyRer onpejenmtTs, ReK MPONECE COCTABIOEHA REKOTOPOro Ge-
denEs no oparEay K ms cedemnil, mpomssoxEmux ducnamy o m 8. Taxoe
onpegenerze nelictsua O, AMEs CMHCO @ B TOM cIydae, KOUASs OANO Ha
qmcen ¢ ¥ § gim o6a oHm HppanEOHSIEEH, of6iagaer cBolicTROM nepma-
BegrHOCTH, [Iponece oTHexaH@A EOBHX HNepDMAEEHTHHX onpemenennii neli-
eTBall HpW DepPexONe OT PaLEOHATBRNX IHCON KO BeOli cucreMe BOmecTROA-
HRX YEceN ABTOP HABHEBRET HPRBOAGHMSM Brdmcaengll ¢ BemecrBeHHNME
9HCIAME B BNYIRACICHRAM ¢ PANZOHGUBHHME YACI&MH,

Hpurmes. nepaeoduura.
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genme, N60 Boskoe wmoso ¢, B C, MeHbme KARIOro wmcra ¢, B
C,. Ecan temepr 06a wnmeaa ¢, B panmoBalbEHe, TO Kamaoe
conepmameecs B8 C, wmemo ¢, <<a+fi, m6o a,<axm b, <h, a
noToMy H 2, + b, <a- 3. Eeaa 6ur, namee, B C, coxepmaxoen
Eako¢-1abo wmeno ¢, < a4 B, Tagk 9T0 6HAO OH oL B=,-Lp,
TAG ) O3HAYAET LMONORHUTENBHOE IMCJHO0, TO MH HAMAM 6w, 9TO

1 1
&y = (a—5p) + B~3p),
@& 3TO HaXOJHTCA B OPOTABOPEYNH C OUPERONEHHEM 9JucCla Loy

1 1
TAR KAK o — &) ecTh YAea0 B3 A, & §— 5p eers ymeao u3 B,.

Takmu obpasoM, kammoe conepmameeea B G, anemo ¢, > a-f- %
ciaenosarensrno, cerenme (C,, C,) obpasyeres B sroM caydae
cyMuolf a--f. Ma mosroMy He DorpemmM NPOTHR ONpexene-
HESA, KOTOpOEe MMeEeT MecCTO B npndmei'm«:e pPancnoHAJNBHHX YH-
cel, eco BO BCeX ciaywasx 6yneM pasyMeTb 1OX cymmod a—+§
JAByX OPOMA3BOJBHHX BENECTBEHHHX TACEH 4, § TO YHENO ¥, LO-
epeneTBOM XoTOpOoro ofpasyerea ceuemme (C,, C,;*). Hamee,
8CJM TONBKO OJHO W3 ABYX 4HCed a, } — HanpHMep, 2 — pang-
OHAJbHOE, TO JErKo yOGeaAAThCA, 4TO HA CyMMy | = 2§ He
BIUAET TO OGCTOATOIBCTBO, OTHECEM JU MH 2 K NePBOMY KIacCY
A, mrE Ko BTOpOMYy A,.

Tax me, kak cIOReHAR, MOMKHEO ONPEAEIAATH H OCTAILEHE Ome-
pADAX TAK HABKBAEMON 3JeMEBTAPHON apudMeTHKH, 2 HMEHHO
cocramieRHe Pa3sBOCTH, OPOM3BENEHHA, CTOIEHH, KODHH, JOTA-
pupua. Taxam ofpasoM Mommo DpunTr K nefcrBATENLHOMY
NOKA3’TENECTBY TeopeM (kak, maupmmep, V 2. ¥V 3=V 6), ®o-
TOpH®, CKOJNBKO A BHAK, N0 CHX WHOp HErAe He JOKA3aHH.
CammgoM GonpmMe IMOXPOGHOCTH, KOTOPHX CJHEAYET OHACATRCS
OpE oppefieNeHHAN Gollee CIOKEHX onmepamuii, JeXaT RacTbbd B
opHpode CaMOoro mpenMera, Gonpmer Ke YacTLd OHH  MOTYT
6ure yerpameEH. B aToM oTHOmeHnMm ABNsieTcA BecbMa IIOMe-
8HHM TOHATUE 00 unmepsase, T. 6. cmcTeMe A pANMOHAJIBHHX
qucen, 06NANADIHAX CJAeyOTIAM XapAKTepHEM CBONCTBOM: ecan
a4 @ a' CyTh YHCIA CHCTOMH A, TO BCe pANHOHANBHHE THCNA,
nexmamue MERNY 4 H a’, cogepxarca B A. CmereMa R panam-

*) Ua cewenuil (A4, Ag) & (By, By) Mo yxasaugomy Tonsko aro cuocoly.
Tipurmen. nepesoduuna.
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OHANBLHHX QHCON, 4 TAKXKE B 0fA RIACCA KAMIAOIO €€ CEIeBNsH
OyTh MHTepBaIH. Ecam CymeoTByer panuoHAJBHOE YHCIO 4,
ROTOpOe MEHBbIOE KARAOIO UHCNIa HWATEpBaja A, H ecld ecTh
pamHoHANLAOE TUCIO ¢,, KOTOpPoe GONbINe KAKIOTO 4YACHa HH-
repsane A, To A HasHBaeTcs KOHEYHHM RHTEPBAJOM; B 3TOM
CIyJae cymecTByeT, 0UeBHIHO, GeCKOHETHOe MHOMECTBO YHCEd
TAKOro e pona, Kak 4,. Bes obmaers R pacumanmaerca Ha Tpm
Kyera: A,, A, A,, OpuYeM UOABIANTCA RBa BIOJNBe Onpene-
JEHAHX PANAOHAJNBHKX WMJAM WPPANAOHANBLEHX THEI& %, a,,
KOTOPH® COOTBETCTBEHHO MOr'yT OHTH HaBRAaHH HRIKHEeH M BepXHeH
(mrez Menpmeit m Gombmeli) ipanuyer wATepBaya A. Hunmpaa
rpaEAUA a, OUpeNelsieTcs CeYeHueM, B KOTOPOM HepBHB Kiace
ofpasoBaH cmeremolt A,, BepXHAA ke TPABHANA a, OOpE/ensiercs
ceveHHAEM, B KoTopoM A, ofpaayer Bropo#i kxaee. O BesaxoM
PAOVOHANLHOM HIW UPPAUAOHAJBHOM YHCIE &, JERKAMEM MERIY
a, ® a,, 6yAeM TOBOPHTH, YTO CHO IOMHT eHympu HHTEpPBaa A,
Korma Bce wmena mHTEpBaNa A ARIAIOTCH TAKIKEG WACIAMH HH-
repprana B, To A Gyner masmBarnes ryckoM B.

Ipaneres, mopAAEMOMY, CHENATH eme GONbIINE OTCTYIIE-
HYIA, KOrJa JROIATEILHO Gyner nepenecT (eCYNCIEEHHE IPeN-
IOXReHAA SpPAPMOTAKY PANAOHAIRHNX YHCEN [HATpHMep, Ipen-
JoALeHHS, B CHAY KoToporo (a-}-b)c=ac+}bc] Ha IPOU3BONBHHE
BOMIECTBOHHKL TACTA, OTO, ONHAKO, HE TAR; CKOPO yOesxrnaempes,
4TO Bee 8NeCh MPHBOAHUTCH K JOKA3ATEIBCTBY NOJOREHHS, O
EOTOpOMY apmdMeTuIecKme Omepamay caMH O0NafalT HeKOTO-
poit HenmpepuBHOeTHIO. To, 94TO & WOX 3THM TOBWMAD, A 06NeKy
B gopMy 0o6med TeopeMkul.

»BeaE 9neao A ecTh peayubraT BRUACIEHHI, COBSPIIEHRNY
HA[ IHCIAMH &, B, Y,.., H €COE A JEXAT BHYTPM HHATepBana L,
TO MOMKHO yRasars mATepBadn A, B, C (BEyrpn koTopHX ie-
AT WHeaa &, £, ¥,..) TAKOTO poja, YTO pPE3YIABTAT TAKOTO MK
BHYHCIGHHSA, B KOTODOM, OAHAKO, YHeAa a, B, ¥,.., 8aMeReHM
JOOHME YHCIAMHA COOTBETCTBEHHHX mHHTepBaloB A, B, C,.,
6yner Bceraa NMPeNCTABIATh YACIO, JeRAmMes BHYTPH HETEp-
Bana L“. OxHaro e, ymacHas TpYNHOCTb, CBASARHAA €O CJO-
BeCHHM MBJIOXEHHeM TAKOM TeopeMH, ylexnaer Hac B TOM,
9TO 3H6ch HEOGXONEMO YTO-HAGYINL UpenIpHHATE KIS TOrO,
q9r00H OPEATA B IOMOMb ABHKY: 8TOr0 MH JAEHCTBATOALHO NO-
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CTATAGM CAMHM COBEpPIIEHHNM 00pa30M, KOrga BBONHM HOHA-
THAC 0 NePeMLHHBX BLANMURAX, O PYHKYUAX, 0 npederdx. Beero
nexecoabpasgee GHA0 OWl OCHOBATG H3Z 3TEX NOHATHAX ONPEHe-
ZeEAA [AXKe TpocTeMmux apudMeTAIECKAX omepanai, 110 8A6CH,
OHAKO, HO MOXKeT ONTEH HANbLHI6 IPOBBMEHO,

§ 7. AHann3 GecKOMeYHBIX

B 3aknoneHds MH yAcHAM ce6e 3aBHCHMOCTh MEEAY TPH-
BENGHHHEMA 710 CHX HOp cOO6paReHAAMN Z OCHOBHHMH NOJNO-
HOHHAMH AHANE32 GECKOHSYHHX.

T'opopsiT, 9ro nmepeMeHHAsT BeImumHR x, HOpolerawvruad
IOoCiIeN0BATEILHEE ONPONeJeHHHE YHCICHHHE 8BAYCHNA, npu-
6nm:RaeTes K LIOCTOSHHOMY npedesy a, 6CIH OHA B XO4e Opomeccs
HBMEHEHEUS OKOXUAMEALH0 ¥) BAKITIOYASTCH MOEINY KAKIHMA BYMI
HACI4ME, MERLY KOTODHMH 2 CAMO JeXRHT, AAH, 970 TO &K,
8CJA pasHOCTh X —a&, B3ATaAA 86COJIZDTHO, OKOHY&TEJIBHO OIYy-
eKaerea nARAe BCAKOTO JA8HHOTO BHB‘!BBEH, OTIARYHOTO OT By

Onpo m2 BammeHmMHX OpeJIOMSEHH INACHT Tak: ,HEcnm
BeJUYMHA x BO3PACTAET IIOCTOAHBO, HO He CBEPX BCAKHX TIpa-
BHN, TO OHA IpuOIMEAETCA K HEKOTOPOMY upemeny“.

fl noxaswBa 3T0 IPOLTOKEHES CHERYOMAM 06pasoM: mO
HpPeANONOKeRNI0, CyIeCTRYST ORHO, & oienoBaTelbmno, m Gec-
YHCAGHEOE MHOXKEECTBO YMCENd a, TAKOTO POAE, YTO x HOGTOAHHO
ocraerca < a,. I oGoamauai wepea ¥, cmeTeMy BeCex BTHUX HH-
cex a, ® Jepe3 Y, CHCTOMY BeeX OCTANBANX TUCEHA a,; 'ta3I0e
¥3 HDOCIENHAX HME6T TO CBOHCTRO, YTO BOPOAONAERH6 PONSCEE
H3MEHEeHUHd RMeeM OKOHISTENLEO x> ¢,; MOSTOMY RAKLOS TH-
60 @, MeHBbINEe KAXRIONO IACIA @, H, CI6NOBATONBHO, CYIIe-
GTPyeT 9UHCIO ¢, KOTOPOS NpPeACTABIAET ¢060I0 MIH HAmGoILmee
B %, maun mammenrmee B A, (§ 5, [V). Hepporo 6ure He Mo-
®er, u60 x HRKOTXA He [EPEETAET BOSPACTATH, IOSTOMY & 6CTh
Ranmersmee uuexo B ¥,. Kakoe 6um umcno o; MK HA B3ANH,

¥) Antop yumorpebager caoso ,definitiv=— onpegerenno, pemuTeasHo,
OKOHYATENsHO" B TOM CMRCAS, 90, npuobpers xakoe-TuGo csoiicreo B
ONpeRoNeHHNI MOMBHT CBOBI'0 H3MEHEHWH, NEPAMPHHAN BONHYHHA YAEP-
MEBAET 3TO CBOZCTBO BEPOAOIRMEHRO BCEro OCTAIBEOrO XOX& HPONBCCS.
Hpumen. nepesodwusxa.
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paHo MIE MO3RHO 6yNer OKOHIATOARHO o, < x < ¢, T. 6. X UPH-
6naxaeTca X mpemeny a.

9T0 TmpeNNOKEHWE AKBABAJCHTHO OPHHIENY HeOPepPHBEO-
CTA, TO €CTh OHO TepHeT CBOK OMIY, KAK TONBHKO MH CTAHEM CMO-
TpeTh X0TA 6H Ha OMHO BeIEeCTBeEHOE IHCNO, KAK HA TmeI0, OT-
cyrersyomee B obmactn R; miaH, BHpawmasch, HWHaYe, €c¢IH 9TO
OpeAdOXReRHE BepHO, TO BepHA M Teopema IV B § 5.

Jpyroe npenaoxenne, TakXKe €My SKBHBAICHTHOE, HO eMIe
Gonce 9acTO BETpeIAOIMEecS B AAAAHA38 OECKOHEUHHX, IVI&CHT
TAK: ,KCJIH B IpoIecce H3MOHGHAS BENHIAHH x MOXKHO YXAsaTh
oIS KesEaol NOMORHATEILHON BeIUIHER & COOTBeTeTBYOIImit
MOMERT, HRYWHAA ¢ KOTOPOro x WaMeHdAeTCA MeHbINe, 9eM Ha 6,
To x DpmbamEgeTcs K HEKOTOPOMY Ipexely’.

310 ofpameHme JETKO JOKA3YeMo¥ TEOPEMH, IO KOTOpOH
DepeMeEHAS BeJnYdHA, NPROIARADMAACT K ONPEIESICHEOMY
mpeneny, A3MEeEASTCH, B KOHIE KOHNOB, MEHBINE, 9eM HA JD-
6y®n IDAaERY DOJOMHATENBHYX BOIHTHHY, MOMKET OHTH BHBEXEHO
KaK M3 TpeNHIYymEro UpeXiOKeHHS, TAK M HEIOCPENCTBEHHO
H3 NMPUHENANA HeOpepHBHOCTE. M BHOepeM nociaenHumit mMyTh.
Ilyers & 6yner npomssoabBas NONOKRATENLHAA BEeJHAYAHA (TO
6cTh ¢>>0); O HPEXOOIOKEHRIO, HACTYIA®T MOMEHT, HAYAHAA
¢ KOTOpPOrO x M3MEHASTCHA MeHBIIe, Y6M Ha ¢, TO ecTh, £CJH B
B8TOT MOMEHT x 0faamaeT SHAYeHHEM g, TO BOOCJISHXCTBAH Beerga
x>a—4 71 x<a+4 A ocraBusgio Ha BpeMs IepBOHAYANL-
Hy® THOOTe3y E JepIRyCh TOJLKO celi9ac NOKasaHHOTO (aKTA,
9r0 BOe NQ3fHEHmMEe BHATEHNS INEPeMEHHOH X JERAT MEELY
KOHEYHHMU SHAYeHAAMH, KOTOpHEe MOryT OmTh mams. Ha srom
S OCHORHBAK MABORHOE IOAPasAENeHUS BCOX BEeMECTBERHHX
qmeen. K cucreme U, A oTHOmMY BCAKOE UmCAO a, (HAOpHEMEP,
a + @), obnamaromee TeM CBOHCTBOM, YTO B XORe DIponeccs x
OKOHUYATENLHO CTAHOBHUTCA < a,; K c¢HcreMe ¥, A OTHOmMY BCAKO®
gwcxo, He comepxameeca B U,. Eenu a, ects Taroe umexo, To,
K8R OH JAXeK0 mpomece HE DPOJOJAMaJcCH, cayialt x> a, Oynmer
ele HACTYNATE GeCUMCIeHHO® MHOXKOCTBO pa3 *). Tak rRax xa-

*) H6o nupoTHBHEO® 03HAYAING 6N, YTO EHEPABEHCTEO x < & CHPBPON-
NWBO OKORYAMEAHO, T, 8. ay NPHHaATERaN0 OH K kaaccy Ys.

TIprnien. nepeaodutina
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06 YACNO o, MEHBII3 KAXIOL0 YEcaIa a, *), TO CcymecTByeT
BOONHG OOpeqeIeHHOE HMEJI0 d, KOTODHM MPOHU3BOIXTOA B8TO
"oewenme (A, A,) eucreMu R m KoTopoe & GyRy HABHBATH BEPX-
HAM DpejeroM TMepeMeHEHOY BeNRUAHH x, ocTalomelica Bgeraa xo-
gegson. Ho xapakrepoM maMeReunt mepeMenHON ¥ MOpoxmaeTes
Takxe Apyroe cedenne (By, B,) cucremu N : aueno §, (sampauep,
a —¢) 3arn0Iaered B B,, ecaM BOpoNOJ:keRWe mponecca OKOH-
YATOABEO x > f; BCAKOR ApYyroe THCIO f,, HOANENANBAE BRI~
9eEED B B,, AMeeT TO CROMCTBO, IT0 X HWKOrJa OKOHIATEUHHO
. BB CTAHOBHTCA > B, TaK Wro eaywad x < f, 6yner HACTYymATH
eme GecumcNeEHOe MHOXECTBO PA3. d@elo B, NPOESBOgSIIee
@0 ceTeHME, HYCTH BABHBAGTCH HRKHHM NpeelOM MO6peMeH-
goft x. O6a umesa « B 0OYIBBAAHO XAPAKTOPUBYOTCA CIHOAYOMAM
¢BORCTBOM: €CIH & €0Tb DPOH3BOJBHC MANad HOMOKHTEIbHAA
BeJHAYHAHA, TO RCerxa 6yuer OKOHUATENBHO X <a-t+ & B x >0 —¢
BO HAKOrAA He 6ymer OKOHYATCNRHO X <a—& B x>B--&.
Temepr Boamoxmer asa cayuena. Ecng o B 3 oraHYAH Ipyr or
apyra, To HeobXommmo «>f, m60 Beerma a, > j3,; nepeMeHHAS
BeJMYNHA x KOXeOJerca M, KaKk Onl JaleKo mpoliece H®W IOIed,
OH3. BCA OMe NPETEPeBAST HBMEHEHWS, SHATEHMA KOTOPHX
upesocxopar (x—f)—2¢, Toe & o3@avaer MpPOM3BOJILHO MANYEH
OOJIOMATONLHYD BelwIREy. IlepBoHAYaNbHAA TAOOTEdA, K KO-
TOpPOR A T6MEps TONBKO ROBBPANIAKCH, HAXONHTCA B HPOTABO-
peInn ¢ STHEM BHWBOIOM; OCTASTCHA, IOBTOMY, TONBEO BTOpOHM
enyvalh a-— 3, 1 TAK Kak ymxe AOKA3aHO, YTo Kak OW Mana HH
6813, TONOKHTENHHAA BENHYAHA €, OKOHYATENBRO OymeT Beeras
r<a+8 A x>f—e TO x OpROIAMAGTCA K TPOZENY a, IO
H Tpe6OBAJNOCH ROKABATE.

YnoBonbeTByeMen STHMMA UPEMOpaAMM B HAIOMEHWN CBASH
MeXIy NPHHOEOOM HENPEPHBHOCTHE M AHAJIHE30M O0CKOHSTHHX.

*) lloroMy 9TO OOCA® TOro, KAK BOERIHHA X OKOHHAIHEASMO OTSIL
L ®p, ORE ewle GorLme, MAP cuenagrcd eme Ooabure, YeM &y
TIpumen, nepesoduira.



I[oxaaa'renbc'rno CymeCTBOBAHHsI TPAHCUECHACHTHARIX
qucen

(no Cantor'y)

MMpensapuTensisie 3amevyanus

§ 1. Ywewo N maswBaerca astclpausecxusm, KOTAS OHO

YHOBJETBOPAET yPABHEHHAID BHIG
A=ax"+ax" 4. -+ x+an=0... (1),

r7e IOKABATONDb 1 6CTh LOJOKUTENRHOE Uesoe Jmcio, Koddhda-

OHeHTH 4, 4,...4m—y, 8 CYTh IOJHE YACIA, & KO3PHIHEHT 4

OTIHYEH OT HYJId.

B sToM ypuBHeHEH MH MOXeM ciATaTh Kosddwmnaent a4
BHICUIETO WIGHR LOJOKHTeNbHHM, H60, AONYCK8A NPOTABHOE M
MeHAA BSHAKH BCOX WIGHOB ypaBEEHHA, HaiaeM, uro dmcmo N
yAOBIETROPAET YPABHEHRIO TOTO € BHIA, HO OPH 3TOM Xo8d-
dANREET BHCIIEro WIeHA eCTHh Y¥e MONOMKHTENLHOe THCIO.
MoxHO TAK®KE NPENIONOMRHTH, dT0 O6mui¥l Hambompmm¥ menn-
Tenb d BcoX ROSPPUIASGHTOB YPABHOHHS paBEH exmEHIe, H6O,
IPenmoNoxRuE d OTAMIEHM OT 6NHHUIH H PasiednB 066 JACTH
ypaprerna Ha d, HaltneM, 9ro wmemo N ymormerBopser ypas-
meBHD BHAA (1) ¢ xospdumuenramu, ofmuit Hamboasmuit ne-
AUTENEH KOTOPHX PABEH E€XHHRILE.

Pacemarprraa anre6pamgeckne ypaBHeHHS, MH BCOXY 6y-
AeM INpPeRIONATaTh (6CNA WPOTHBEOS HE OroBOPEHO), YTO OTH
YPABHOHAA NpHBSAECHH K BHUAY (1) ®W 910 kK08dPuUIHEHTH B
3TEX YPABHOHMSX YIOBIGTBOPAT YCIOBUAM, YCTAHOBIGHHEIM
HAMA OTHOCHTONbHO KO8$PmmmenToR ypapmemus (1).

Crenenn anre6paMveckoro ypaBHeRWs, KOTOpDOMY YIOBIe-
TROpAET anre6pamveckxoe wmeno N, mo oupepenenmo, He MOXET
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fnTH MOHBIIE 6JWHHOH, M, CJICIOBATONBHO, HMeeT minimum.
3Had BTO, NOKaMKeM CIEIXYIOI(YID Teopemy.

Teopema ). Ecawx amebpauvecxoe ypassenue
A=ax"+ax" '+ - T 8nax+am=0
ecmd Ypasuenue sauMensuied cmenenu, yoosaemeop suseeca wucaon N,
% ecAt NOAUHOM A desumcs 6e3 ocmamud WA NOAUHOM
B=bx*+bx""'+ o ba_1x 4 by,
8 xomopom moxasamesr n 4 wospguusmenmu b by, ., b, ba
YO08ALME0P AIOM YCAOBUAM, YCMAHOBALHIBLM COOMBEMIMBERHO OMHOCU-

MEADHO ROKAIAMEAA m % KO3Ppuyuenmos nosunoma A, mo nosu-
souw A u B mowmoecmesnno pasnuw, mo ecms

m=mn;, a=b;, a,=Dby;... dnt=Vburt} @n= bs.
Joka3atenveTre. Hennss monycrers, 9106 6rI0 n > m,
n6o B 3TOM ciaygas moamEOM A He Mor 6H menurthes Ges
ocrarea Ba moawnoM B. Iloramem Tarxe, 970 WM HEpaReHCTBO
n < m HOBOAMOMXHO. Horga n <, TO Y4CTHOE OT HEJE6HHA IIO-
JHHEOMA A H8 TOOMHEOM B mpencTaBATCS B BHJ@ IOXMHOME

C — ex™— _,}__ c’xm-n—l + .. + Comen1X + Cmen

a
¢ panEOHAIBHHMA KO3(pPAIMEeHTAMH, T :— j eeTh mouo-

JRUTEABLROE YHUCIO.

Ilpusenem Bce KOBMPUOHGHTH ¢, £y, ..., tm—p K OXHOMY
HAMEHATENI0 ¢ ¥ JXONYyCTAM, YTO IOCIE BTOI0 MX YHCIATONH
uMenr obmuM mambounmmaM peanresneMm dmeno 4. Iloansom C
OpeICTABUTCS B BHIS

C=—j— C’,
rie
C=cxrrtd VL. ot Cmmnetx + s

Ilokasavens m—n B KoopmmmerTH ¢, '), ..., Cms
yAOBIETBOPAKNT TONEPHL YCIOBAAM, YCTAHOBJACHHEIM OTHOCH-
TONLHO IOKA3aTeAA U KOd(P(HIUEEHTOB TOJWHOMAE A, ¥ MH
wMEeM TOXRIECTBOHHO :

A=2go.
q

Yuexo N, ofpsmas B Hyab DOJIAHOM A OpPA 32MeIIEHHR

x Ha N, momkgo ofpaTdTs B Hylb OJAH K3 ABYX NMOXHHOMOB
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B » C’, 9ro HeBOBMOXBO, H6O CTEMEHM 7 U m—n anTe6pau-
geckax ypaBEeRm#t B =0 w C'==0 Menpme m, a ypaBueHne
A =0 ecTb anreSpamueckoe ypaBHeHHe HAMMeHbIIeR cremeHm,
yAoBaerBopamIZeced Opd x = N.
TaxaM o6pasoM, HEO6XOAEMO AONYCTHATE, 9TO

m=n.
a
B sroM caydae wacTHoe OT menerus A Ha B pasmo 5
al
O6osHagnB gepe3 i HecoKpaTAMyo Ipofb, paBHYD -17 6ynem

AMEeTH TORIOBCTBECHEO :

dx’” "I- a,x’“"l + L. + dm = lbz'" (bx"' “l‘ b‘xﬂ-l _I- e _I" bm)4

OTKyZa
Fa==a'b;, ba,==a'by;...; ban-=ab,.

IperuMag Bo BEEMaHMe, 9TO @' W b’ B3aUMHO IIPOCTHE
u@ena, BAROeM M3 8THX pPABEHCTB, TTO KaXJ0e H3 THCeI
a, a,,..., 4, AMEET JeJATEJeM YACIO &', & KAMRI0e M3 THCeX
b, byy..., b. mMeeT JenWTeNeM THCIO b caemoBaTensHEO,
a’=V =1. Ho B TakoM ciy3ae OpeANAymue paBeHCTBAa 00pa-
mapoTed B

a=b ay==bi...; an==bu,
970 U Tpe6OoBANOCH TOKA3ATH.

Cnenctene. Ecau nosunom A deaumca Oes ocmamua wua no-

AUHOM
B =bx+bx—1+...-}- b,

10¢ u ecmv nosomumesvuoe yesoe, b, by, ..., b cyms payuonasorisie
uucaa 4 b' omanuso om wyas, mo B' omauvaemca om A mossxo no-
CMOANHBWM (HE3ABUCUMBM OM 'X) Pautondssuid Mnokumesen. Heh-
CTBHTENLHO, MH BHOEAR y:Ke, KAk OpHBeAeHUeM KoshdmnmeH-
TOB K ONHOMY SHAMGHATeIW ¢ U BHHECSHHOM 3a CKOGKA o6mero
9HENEHHOr0 MHOMKHATENA d MOXEO BPEICTABHTH TAKOl mOAHHOM,

xak B', B BAge
B =28,
q
nprdYeM B DOJHHOMe
B o= bxt 4= by x -1 by



EO0S(PHUTTHOHTH YIORISTBOPADT JCAOBAAM, yCTAHOBJICHEN M OTRO-
HocaTenbHo KoadPunmento monmnroMa A. Jlensce Gea ocTaTka
Ea B’, pmoammoM A nennmrca 6es oeraTka m Ea B, HO B Tarom

eny14e, B CHIY JOKASAHHOM TeOpeMH,
, , 4
B=A n B =—A,
7
TO eeTh, NONEHOM B’ oTaMuaeTes oT moa¥BoMa A TONBKO DoO-

CTOAHBHM MHOXHTEIOM 9

Teopema Il. Asedpauuecxoe ypasnenue A=0 nauxenvused cme-
tienu m, ydosaemeopAnoweecs npu x=N, HENDUBORMMO, m. ¢. #c0aAR
€10 4ACMD HeCNOCOONA OeaumbcA 6€3 OCHMAMKA Hit HA KAKOH MOAUNOM

B==bx"pbx 4.+ b,

10e n<m ecms norOMumervHOE Yeroe wucao, b, by,..., by cyms payuo-
HarvHBe wucsa u b omauuno om uyas.

H6o, nonyerms, 3to A pmemmrcs Ha B, Mm Hamag 6H, 9TO
B oramuaerca or A TONbKO HOCTOAHAWM MHOMKUTENEM H, cXe-
JOBATONILHO, CTENEHb 1 TOIEHOMA B He Morma 68 OHTP HHXKE
CTONERY m ToamHOMA A,

Teopema Wl Ecau amebpauuecwoe ypassenue
A=gx"tax"'4 .. -+ an=0,
ydosaemeop Aowseeca npu x=N, uenpueodumo, u ecau
B=tx"+byx—"4 .. b=

ecmy 00KO w3 QAeBPauMecKux YPosHEwudl HAuMEHIUIER Cmenesy, 1do-
saemsop Aowuxc A npu x=N, npuueu woagppunuenms b yoossemsop som
yeaoouim meopemos I, mo nosunons A u B momdecmeenno pasuss.

HoxasarenscTs0. Tax KAk Kexnuit ua moamHoMoB A B
neanres 6e3 ocrarka HA x—N, TOo X ofmm# HauGonbmmit ne-
antens D saBmont ot x. VI3 camoro me mpomecea HAXOXRIGHHES
ofmero Ramboabmero aexmreds D Bareraer, uro D eers monr-

HOM BHIA

D=dyr-dpxr=' ... +dy
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TAe p 6CTH NONORMTEILHOS Menoe, d, d,,...—IenHe 9guena *),
KOHX o0muaf#t Hamfosbmmll NEeTHTONs MOXRHO IPHEATL PABHEM
egmpune *), u 4 oramuso or myuad. OTeoxa, cormaeHo Teopeme I,
BHITOKA6T, 9T0 MONAHOMH B m D ToRAeCTEREBHH; Cl8XOBATONLHO,
mongEoM A pmemurea 663 ocTaTEa H& moauHoM B; Ho mommEOM
A mempuBONEM; CNENOBATENLHO, CTONOHL 7 [ONAHOMA A paBHA
erenegr n noamRoMa B. Yactmoe or mememus A Ha B Gynmer

NIOSTOMY pasno% 1 Be OyIer 3aBHMCETh OT x. JRCTHO® % 6y-

b
JIeT, CASNOBATONLHO, PABHO —-, TO 6CThL HONRHOM B genmres

6Gea ocTarka Ba noammAoM A, a Tak Kak B—=0 eerp ypasmemme
HAWMGHLIIGON CTemeH®, yAoBJeTBopAnMeecea upa ¥—=N, 7 B
menurest 6e3 ocraTes ma A, To, wo Teopeme I, mosmEOMH B m
A TOENECTBEHHN, YTO M TPuOOBAJOCH JXOKAATD.

Teopema IV, Cywyecmeyem moassio odwo amebpausecxoe ypas-
senue “*) naumewvuied cmenenu ¢ YeAWMU  KOIGPUUUERMANY, KOUX
00Ul BauboAswul Oesuimesy pacen eoutuye, YooeAemsopAwusecca
dannwn astebpauueckunm wucaom N. Imo ypasuenue 6yden nasmoams
ypassenuem, onpedesnrowun aredpauuecroe uucao N.

Hé6o, ecim A=0 rm B=0 cyrp AB2 anrefpandeckax ypas-
HOHWS HAWMOHLIMEH CTeNeHW ¢ meaHMH Ro3dbdmnEeHTaMH, KOHX
o6mu#i Hamboabmmit NedATeNL PaBeH 6XUHELG, YIOBIETBOPAN-
mpaxcea qdoaom N, 1o, mo TeopeMe [I, ypapHemwe A=—=( penpu-
BomnmoO, a mo Teopeme JII mommEoMw A ®H B romxecTneHHO
PaBHH.

Cnepcreue. Ecan anre6pamdeckoe gmeno N yaormersopsier
anre6pauIscKOMy HOIDHBOXAMOMY ypaBHeHHIO A—=0, To ypaB-
HOHHe A =0 m eCTb TO EXUHCTBEHHO® YDP&BHOHAS, KOTODHM
onpenenserca anrebpawvecxoe wncio N.

¥) Honm 6H HewoTOpHE M8 X03ypAuuenTos 4 He GHAE OEIHMHA, TO,
YMHORER BCO KOMGJRIEERTHN HA EX 06IRers HeRMOHLUWIEro 3HAMSHaTenrs H
pa3jgenas QONYy9eBHHE NOCNe YWHORORHA YHCIATONH H& HX obIiero Ham-
GomEmero Aeadrensn, uonyimd obmuil HamGoaswml permrenn noamHOMOB
A m B » TpeGyemoit jopwue.

*%) Kosjpunuenr sHcmero wrena aToTo ypaBHeRES OPeRUOISATAOTCH
HOTOXETONLHEN.
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Onpenenenue TpaHCUEHACHTHOrO YKcaa

§ 2. K ruaccy axreSpanveckux WHACOX OTHOCATCS :
1) Bee panmoRadbHHe 9YHenra, 60 Raxk)ioe PAaNMOHAJZEHOE

THEHO MOMKHO HPEJCTABATH B BHAE HECOKpATAMOH# Xpobu —s—,

KOTOpas OoIpefendeTcs anrefpandeckMM HOODHBOZEMHM YDaB-
HeHTOM
ax—b=0.

2) Bee Te mppanmoOHAJBHHE WHCIA, KOTOPHE NONYYAIOTES,
KAK pe3ynsfaT COSAWHEHMS PAIHOHANLHHX 9YHCON IPA IOMOIA
KOHOJHOT'O THCIA PAanuOHANLHWX pedleremit (L, —, X, ) &
uBBIOYeHRA KOHOUHOrO WHEJa RODHOH ¢ IMeJHMA HOKA3BTONAMM,
u60 TAaKNe MBPPaNROBANBHEG THCAA, KAK JOKA3HBaeTCA B
Bucmel anrefpe, CyTh KODEH HeOPRBOZUMHX anre6pandeskmx
ypaBHeHAH ¢ melHMHA KoahdUIeRTAMM.

3) Bee T0 mppanwoRasbHHE THACHA, KOTOPHE, OCIyXKa
KOPDHAMH alre6panvyecKUX  HEOPHBOJHENHX ypPaBHeHHH ¢
nanwMe  xospdunmerTaMn, He MOTYT OWNTH NOJYIOHH, KAK
POSYIBTATH COOJHHOHHAS pPAQWOHAJMBHHX SHGOJ - MOCPENCTBOM
‘KOHOYHOTO YHCNa DAMMOHAJHLRHYX NeleTBHY u KOHEYHOrO wHMeaa
H3BJeIeHAH xopHel ¢ meaumi npoxasarenamd. CymeersoBanms
TAKAX gA1e0pduneckux EPPANUNOHAJHLHHX TACEI BIEPBHE JIOKA-
sag0 AGexeM.

CopamuBaeTed, HCISPHHRBAETCH JMA 6ect KJIACC MPPaNHO-
HAJBHHX TUCel ABYMA KIACCAMH anre6paudecKHY YPPAIHOHAND-
HHX YHCeN, ROA CYmMEeCTRYT eme HAPPANHOHAILHHO HOANTe-
6pauyecKue HcHa, T. 6. TAKAE, KOTOPHEe HE MOTYT yXOBJIOTBO-
PATh RMKAKOMY HONpHBONKMOMY aire6pamdecKoMy ypaBHEHHI
¢ meauMA kosdPEOEERTAMH.

Hamer ma oymecTBOBaHHe HeANTe(PAMYECKAX HPPAMHAO-
HAILHHIX YHCOJ CONEDIKATCA yKe Yy AaHCIAHickoro reoMerpa
James Gregory (1638—1675) B ero coammemum Vera circuli
et hyperbolae quadratura. Jle#6aHn Haspax TAKHE IACIA mparc-
YEHOLHMHBML.

Hrag, mpancyendenmnsim Hasveaemcs 6CAKOEL 4UCA0, Komopoe
HECHOCOOHO YO008.4MB0PUMD HUKAKOMY QA1EODAUNECKOMY HENPUSOOUMOMY
YPABHERUI C YBAWMY KOIPPUYULHMANM.
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Crporoe S0KASATENLCTRO CYMECTBOBARAA TPAHCHGHABHTHREX
gacenr gamo Buepsue Liouville’em (Comptes rendus, 1844, n
axypHan Liouville'a 16, 1851). ORo ocHOBawO HA TEOpPEH HE-
OpPepHBHNX Jpo6eft @ IPeNCTABISETCS MOBOJBHO CHOMEHM *),
3aMeuaTeNLHEOS IO MPOCTOT® W TeHMANBHOE O HAeS JOKA3A-
TeALCTBO CYMEOTBOBAHWSA TPAHCHEBAEHTHHX YHCeX JaHO OHAO
aaTeM repMaEcKEM reoMerpoM (Georg’om Cantor’om B eratse
Ueber eine Eigenschaft des Inbegriffes reeller algebraischer
Zahlen B mxypmane Crell'as 77 (1878). K msnoremww sroro Rmo-
EASATONbCTEA MH TeIePh W MOPEXOXHM.

MonaTHe 00 HCUHCANMOM KOMRDJaEKce

§ 3. KoMunekcoM Ha3HBAOT COBORYIHOCTH, COETABICHHYD
H3 OrpARHYSHHOrO HMIH HEOTPARAYEHEOr0 9MCA4 NPEIMETOB,
HASHBAEMHX WIeBAMH KOMIIEKCa.

Mu Gymem paccMaTpPRBATH TOXBKO TAKHO KOMIIGKCH, dNe-
HaM¥ KOTOPHIX CXYJKAT BeDJeCTBeHHHE 91CJH8, BBATHO B HEOTpA-
HHYOHHOM YHCIS,

Cantor HABHBAST wucuncennns xomnsexcon  (abzihlbare
Menge) raxo#t xoMmnexe, WIeHH KOTOPrO0 MOTYT OHTH IepeRy-
MEpOBRHH, T. . PACIMONGKGHH B ONEH PAN TaKUM OGpA30M,
9TO6H KAWMNI TI6H KOMIIEKcA 3aHAMAJI B STOM pAay COBep-
TIeHHO ONpensIeHR0e MecTo (YyKa3hHBaeMoe HyMepoM) H YTOOH
KaKI06 OUPBIeIeEHO0S, YKA3ARBCE HYMepoM, MecTo psaa GHio
83HATO OZHAM TONBKO ONPONEISHHEM IEHOM KOMILIEECA.

KoMnnexe monmomxuTe bHHX TeTHHX 9HCEN OpeACTABIAST
IpAMEP HCIACTIEMOr0 KOMIUIEKCS, m60, pacnoyaras 8TH THCAA
B UOpAXNKEe HX BO3PACTAHHAA,

2, 4,6,8...,28...,
BAZAM, YI0 EaXRANI WreH (HAOpAMep, 27) 3aHAMAET cOBED-
IMeHHO ONPeNeNeHR08 (#-0e) MeCTo H, HaoOODOT, KAmI0e Ompe-
TenerHoe (m-08) MEGTO 34HATO ONHHM OOPEJOIEHHEM die-
HOM (2n).

*) Cu. raxme: 1) B, Borel. Legons sur la théorie des fonctions. Paris,
1898, orp. 26—33. 2) B. Raran, Horos gorasaTenscTBo TPaHCIORIEHTHOCTR
9goen % R ¢. ,Becramr OnurnoR Pmznxm m Inemenrapooii MaTemsTarm”,
N 286.
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Komnaexe EaTypaJbEHX Inoen
1, 2,8, 4,..., %, ... (2)

npeacraBiaser npyroﬁ NpAM6p ACYACAAMOIO KOMIJIERCA.

UneHH 3TOro KOMIUIEKCa MOryT OHTYb pAcCMATDHBA6MH,
KAR HyMepa MeCT, 3AHAMAeMHX UIeEAMH J000ro EECIBCHAMOrO
KOMIJIEKCa, B, CJ6OBATENBHO, MAXAY TIGHAMH BCAKOTO HCIH-
eAAMOT0 KOMONEKCA ¥ WISHAMH KoMmiekca (2) eymecTByer B3a-
MMHO OXHO3HARHOC COOTBETCTBHE, TO €CTh KAMIOMY WIGHY
MCTIHMCIAMOTV0 KOMIOJIEKCa 6OOTBETCTBYeT WI6H KoMOuerca (2) o
KARAOMYy WHEBY KOMIOReKea (2) COOTBOTCTBYeT OOHH ODpeRe-
JSHBHN 9NeH MCYHCIMMOrD KoMujexea.

Korma mexny uremamm jByX ROMILIGKCOB BOBMOIRHO yeTA-
HOBWTE B3aHMHO ONXHO3RaYHOe coorBercTBme, To Cantor romo-
PAT, YTO 5TH KOMILUIEKCH HMMOKNT ONAHAKOBY® Xowmocme (Miuch-
tigkeit). Mo:XHO ©OBTOMY YCTAHORRTE CXeAyiDIIEe ONpPeXCIOHNO;

Henucaummrn  xomnaescon RA3INBALMCA KOMNALKL, MOWYNROCMD
KOMOPO10 PAsHA MOUHOCIL KOMRALKLA HAMYDPIAVHGX HuLeN-

C DEPsore \Arasigd MOXKEeT NOKA3ATHCA, TITO0O KXOMUJAGKC
8cex pauuona,cbnux IOJIOSKATENbHKX YHACEN HE ecTh HmCeTHCImMuIit
romnuexe. leficreATensHo, pacmoaarasd Bee BTH YMCIA B ONEH
PAA 1O MOPAARY MX BO3PACTAHASA, HAXOLHM, TITO KaXIOMY Ofpe-
NeleBHOMY PaNEOHANBHOMY MOJNORHTeNbHOMY wueny N upen-
mecTByeT OGeCIMCNEHHO® MHOKECTBO HAPYrHX pPANEOHAJNLHHX
TOJNOKHATENBHNX YTHCEJ, MOHLIIMX N, BONECTBRe JEr0 EHeAbsH
yRa38Th HYMEPa MECT, SAHAMAEMOro B 3TOM PSRy u@cioM N.
Moxgo, onHaKO e, KaTh JPYroe DACIONOMNREHHE TNEHAM KOM-
0J6KCa PANHOHANLHHY IONOMXHTENbHNX YACEJ M IPHTOM TAKO®,
YTO KAMAHA 4NeHE BTOTO KOMOJerca OyJer BaHHAMATH COBep-
IMIeBHO OMNpeHEJeHHOS MOCTO.

Komnuexe panHOHANBHHX MOJOXRHATONLHHX YHCAd 6CTh
KOMILIEKC BEOX HEPAaBBHX MeXay co(0D PANBOHANBHHX HOJMO-
RATENLHHX HECOKDATAMHX ApPo6ed, KOTODHX IHBAMEHATENH B
YACTHHX CIYIAAX MOTYT OHTH DaBEH exuARNNe. PaceMoTpHM

a
ONHY TAKYKD HECOKPATHMYH Apo6b e Homommm

H=a-t+b. (3)

2§ GYJIBM HASHBATH nejoe NnodoxaredbHoe 7Tuerno H pueorow
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pacemaTpuBasmolt HecoxparmMoft ppobm. Karaasa HecokparmMaa
apobs Gyner mmers onpemewenmyn BHcotry H, HaoGopor, cy-
IMECTBYET TONLRO 01pdnumueHoe “urA0 HECOKPATAMEX ,i:poéeﬂ. HMew-
MAEX JAHHOS UEJ06 WOJOKHATeNLHOE 9IHEN0 H ¢BOGWw BHCOTOD.

Jlna Haxomxerms BeoX BTAX ApobeR H0eTAaTOYHO pAaspe-
HMHTL OTHOCHTENLHO HER3BECTHHX 4 H b HeoopejeldeHHOE YPaB-
HeBHe (3) B NEJHX ¥ NONOXHATENLHHX TNEIax, BBATH 3HAUCHHS 4
YHCIATEJNAMH, & COOTBETCTByWINAe 3HAYEHHS b BHAMEHATONAME
npobeit m or6pocath Bee Te Apoly, KOTOPHE OKAKYTCA COEpa-
TEMHMA. A TaR R&K ypaBHEHRES (8) JONYCKAET TONLKO OrPaHM-
YeHHOS YHCJIO MENHY W NDOXORHTEABEHX pemenpil, To dYHExO
HOCOXPATEMHX Apobett, umermux H croew BHeoTOH, HelIpeMeHEO
6yner orpaEgveHENM. Tak, Hampumep, B rpyune gpobeit

1 3 7 9

=, = S, =
9 7 38 1

SAKNVWADTCS BCS TEé NOTORHUTENHLHHE PANNOHAIBHLO THesaa,

KOTOpDHX BHCOTA DaBHA 10.

ECIIK paonpe,nennu BC6 WTOMOXKHTENDbHEIA pannonanmme
YECHA B KIACCH IO HBX BHeoTaM 1, 2 8, 4,..., 6cam 3aTeM
BEYTPH K&RIOI0 KIAcCCa PACMOJORHEM THCIA B TIOPAAKe HX
BOSPACTAHAA H eciZ, HAKOHOI], COOXHHAM B8TH KNAcCeH B OHWH
PANR, KaK 8T0 3Hech MOXABAHO:

{ 2

1
qaecna: 0,1, | — — -
! lz’ 1 1

BHCOTH: 1,2, 3, 4, 5, .oy

12 3 4
3

1
8’ 4’

3‘1

TO RAKJ06 TOJOHEUTENHB0e PANHOBAIGHOE YHCIO OyZeT aaHR-
MATh B BTOM DALy ONpeleleHHO® MecTo, A H3a KaXIOM MecTe
6yneT HAXOOUTHCA TOILKO OJEOC ONPONeNeHEO® THENO. Tarmm
06pasoM, KOMIUIERC PANUOHANBHHX IIOJORBTOIBHHY THCON OKA-
SHBAOTOA MCIACIRMEHM KOMIICKCOM.

Komnnexc memiecTBenAbiX aarebpanuyecKHX uncea

§ 4. JloxaaaTenberso CYMECTBOBARHSA TPAHONGHAEHTHHX
BOIMECTBOHHKX UHCen OcHOBHBaeress y Cantor’'a ma crenymompx
OBYX TeOpBMAXx.
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Mepean 7eopema Cantor’a. Komnaexc ecssecmoennvix aiebpau-
WELKUX YSULLA CMbd ULHUCAURDIE KOMBALKL.

Rorasarenvcrro. Iycrs N Gyner anreGpamgeckoe THCNO,
onpeyelgeMoe HOOPHBOIEMIIM am'e6pan'1ecxnu YPABHEOHHEM

A=ax 4 agx" '+ -.-tax +--Fanxt+2.=0

¢ meauMu koadpEumerTAMY, pUIEM a > 0. O6o3HagaM Tepes
|a, | 9dcneERy® BeamgmAy xosddarnuenra z. Iomommm

Hem—1%a-t{a|+ia,!+~+iai++]on] (4)
# 6ymeM RapHBaTH YACHO H BHCOTOD alire6pamaecxoro waema
N m ompenexsaomero ero ypaseHenms A=0. Kamnoe anre6pam-
geckoe THCIO WMET, TAKEM 00pasoM, onperememHy® BHcoTy H,
KOTOD&fl BHPARLETCA MOINM NOJOKHETOIPHEM THCIOM.

Hao6opor, cymecrByer TOJBEO OrpaHHIECHHOE IHCIO B6-

INeCTBEHHHX AJNreGPAHYOCKHAX 4YHCEN, KOTOPHIX BHEOTA DBBHA
IaHHOMY TOJOXHATeaAbHOMY IenoMy qmeny H. Uro6n maiith Bce
anre6pamzeckrme 9acya BHeoTH H, cocraBaM Bce Te axrebpan-
YeCKVWe HeUPHBOLVMHE YPABHOHHHA, KOTOPHX BHcOTa paBHa H.
Jns aroit mexu moeTaToIHO GyNET CHAYANA PASPOMETE B LICIHX
¥ TONOKUTENLHHX TACISX HEONPENENeHHOe ypaBHeHE® (4), Ho-
Iy CKAIINEe TOJLKO KOHEYHO® YHCIO CUCTEM HENHX M TIOJOXKH-
TONbHWX 3HAYEHHEA nns m, 4, |a,),..., !a.i. ViMes nee emereMu
pemenu#t ypaBHeHHA (4), HaOmmeM Bce Te &JIre6pARIEOKHO
YPaBHEHHS, KOTODHX BHcoTa papEa H, npmuem xosddmnpen-
TaMH npa x* (n=m—1, m—2,..., 1,0) B COCTABIAEMHX ypaBRE-
HAAX GyAYT CIyRUTH Pa’3NUYHHE aHRYeHHA BHpaxenuda + |{a,).
Ha monyzemnoit TakmM 06pa3oM CHCTOMH ypaBHOHHY HCKIOIHM
BC6é DPHWBONHUMEHE YDaBHEHHS, a TAKXKe ¥ Bce Té yPaBHeHH,
K03(PPUOAEATI KOTOPHX UMEIT 06MAM HAMGONLIIHM JeNHTeNeM
9meno, oTaEtHOe oT exAHAnK. Ocrawmescd Noc/e STOI0 CHETEMA
ypasEeHU# 6yxer B ceGe BAKIIOUATH BCO T M TOILKO Te HEIpPH-
BOOAMHE anrefpauiecKre ypaBHeHAA, KOTOPHX BHcOTA paBHa H.
CucTeMa XOHEYHOrO YHClA BEMECTBEHHHX HMCEN, H3 KOMX KAXK-
noe yIOBIETBOPAST ONHOMY M3 BTHX ypaBHeHHH, Oyzer eoxep-
HATh BCe Te M TONBKO Te anrebpaddeckde THCIA, KOTOPHX BH-
cora paBHa H¥).

*) Haffneu, mus mpemepa, Bcé Te BemMECTEéHHNO axreGpamyecrre
9xens, KOTOPHX BHeoTa paBna 4. Ilonaras B ypssaenmd (4) H=4 u oa-
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Ecmm pacupenesnu Bce BemmecTBeHEH® anreGpamdecKue
YECchHAa B KIaccs mo #x BHcoram 1, 2, 3, 4,...., ecam aareM
BHEYTDH EAXKIOr0 KIACCA PACHONOKUM YHCI2 B MNOPANKe HX
BO3PACTAHAA M €CIH, HAKOHEN, COeNHHUM 3TH KIACCH B OHH
PAN, TO RAXKIOe ReUISCTBORHO® anrebpamdeckoe dncyo Gyner
3aHAMATH, B JTOM pAAy BIOOIHE ONP6NENeHHO® MECTO0 W Ha
KA KoM MecTe Oymer HAXOOMTLCA TOJBKO OXBO0 ODpeHeNeHHO®

anrebpandecroe unciao. Teopema Cantor’a, TaxmM o6pasom, ng-
Kxa3aHa.

Bropar Teopema Cantor’a. Moxno mnadmu Oecroneunoe wucao
BCUELMEERNBX UUCLR, IAKAWRAOUUXCA MEWOY OAUNMMU NPeOcABME
a u b>a u He codepramuxca 6 OHNHOM UCHUCAUMOM KOMMALKCE Ge-
WECTMBEHUBL HUCLA.

Meuad, ITO UPH 3ToM m; He uomer Gurs Goanme 5 W Tro am BAOGXONBMO
ornayno or 0 (260 B mpoTEBAOM oOIyJae COOTBETCTBYDINes anreGpamde-
0Ko® YPoBEOHHS CTROGHE s, HAMed Kopean xr = 0, 6yXeT NPWROAMMEIM), Ha~
XOAHM, ITO BOUPOC OPRBONHTCA K DOMOHA B LEINX I HONOXKUTONEHHX
YHCHAX R&WAOY0 H3 CIOAYONINX HEOUpeKeTeHEHX ypaBHeURi :

adlel=4. . . . . . 00000 (m=))
at+la, | Hlg)=38 . . . . . .. L0000 (m=2)
a+faltlal+igi=2 - - ... 0L (m=3)
af-{a | +lgltlai+lali=1 .. . . . . . . (m=4)

atlal+aitlal+laitisai=0 . . . . . (m=5)
HDC}]B}J,HBQ ypaBgeHHEEe HS N0 aycraer XONOMATHIRHOTO I3HAAYCHAHR
AL 2 ¥ TOTOMY ROUEHO GUTH orbpomenc. Y paBHOHES, €00TBETCTBYHDIIES
m =4, y®e OpE g — 1 He Aouyckaer nia 4| afavennd, oragyHOoro or 0,
¥ DOTOMY TAKEe RoNEAO Onirh orGpomeno. B ypasmenmm, cooreer-
CTBYDIeY m =1, IHCIa 4 ¥ |4, | monoxarersAN B o6muil mambonsmmii
AENBTONH WX DPaBoH ©JuSHWNe, & HOTOMY HMeBM TOUbKO CI6RYIOMHS JES
CHCTOME pormeswi :
a=1;]a|=3,
e=3; s, i =1,
COOTBOTCTESHHO MY MMEOM TOTHPS YpPSBHOHHA :
x43=0;x—-3=0;3x4+1=0;8x—1=0.
YpasHense, cOOTBETCTRYIOIES m — 2, AONYCKAET, UDH a ¥ |a, | mo-
JOXMETONLHHYX, TONLEO CIONYHDIIHE CHOTOMH permesni :
=1a,1=1n,]:1
a=1a =0[a,|=2 m 0=24 =0, |2, =1,
COOTBETCTBEHHO YoMy HMOcH § ypantiomai :
224+ x4+1=0; x*—24+1=0;x'4+x—~1=0; x*—2—1=0;
x242=0; x*—2==0; 2x?41=0; 2x*—1=0.
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Aokasarenncrso. Ilyete C Gynmer meumeamMHZA KOMIIERE

BOUIECTROHHHX ducel. PacloNokuM 8TH YHCI2 B OAMH PAL

Nn N:' Na' Nv Ns PRI 6)
T4E, YTOOK KAXI06 3AHAMAI0 B STOM PANY BIOJH6 ONpeNeIeH-
g0e MecTo, W ofpaTaM xamnoe uwmeno N B GockoHeyHyH Heca-~
TayEy®o npobb. Ecam ERaroe-mmbo ma umeen N obpamaerca B
KOHEqHYI NecATHYHY Npobh—RanpmEMep, 0-26,—T0 BTy necHd-
TATay0 Npober MoxHO OyHeT HPeHCTABATH B BAI® G8CKOHETHOMK
AecsTAYHON Npo6m XBYMA cmocoGaMm: KARK GeCEOHEYAYID AecH-
THYEYO ApoGk ¢ HepHoAoM 0 H KaK GOCKOHeIRYH ASCATAYHYD
mpobe ¢ mepmonoM 9, TO 6CTh
0-26 = 0-260 00... ® 026 — 0-25999...

Mw npenmonoxsM, aTo, 6cud B pany (5) kakoe-rmbo @a
aucen N ofpamaeTcd B KOEeuUHyO NeCATHYHYI APOGE, TO 9HEI0
N 3aMemeHO ABYyMA PABHHMH €My (6CKOHQIHHMM JeCATATHRME
npobsmm. HaitneM sareM IBe XOHe9HHO NeCATMYHHE apobw,
OTIAIANINASCA JUPYT OT APYra TOJBKO OTHOIO 6{HHMAIEI0 KAKOTO-
nr6o MECHATAYHOro NOPHNKA M COAESPRAIMMECH MERAY INBYyMA
AAHEHMA DpexenaMum 2 & b > a. Ilycrs, maupamep, Gyaer

a< 045 < 046 < b

CocTaBAM GeCKOHEUHYD HECATAYIHYI Ipobb

€ == 045,065 -Connro

Hepswe xea ypaBHERHS, 6 TEXARO X YPABHeHHEZ At |- 2=(, 2124 1=(»
Kax HE CONePXBMMAS ReIeCTBeHANX kopHOH#, XomBEM GHTH oTGPOmMGHH.
Y pasEeHEne, COOTRBTOTRYOMEE sm==3, XOUYCKAET, OPd 4 = |« | UONOXR-
TOARHHX, TONLKO ONHY cHCTemy pemeumi

a=lgl=1jla|=14}|=0,
COOTBOTCTBOHHO I6MY BMeoM 2 ypaBHeHHH
20+ 1=0.

OGa 3T ypasHeHBH, RAX LPHERORUMHS, ROIEHEN OmTH orlpomesw.
Tagad o6pagon, HAXONRM, ITO HENPHBORAMHMA ANreGPaHRIECKMMH ypPABHE-
BHEWE BHCOTH 4, yAOBRETBODAONIAMHECH BOLECTBOHHHMH IHATOHAAME x,
6yAyT TONBEKO CIEAYIOIES YPAEReHHM :

x+3=0;3x4+1=0; 2+x—1=0: x*—2=0; 2x* —-1=0,

BemecrseariMu anre6pangecEHME JHCIAMN, HOTOPDHX BHCOTH PBE~
ms 4, Oyayr cnegymmuae 12 gueen :

i3:i%;—i—l—»§—’/—f’—;i VTt
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TRO (3,Cy,«-,6n CYTh DOCHNEXOBATENLHNE HAPPH IMENA ., HATHHAS
¢ TpeTsero necATAYHOro mopanea. Kaxosu 6u mm 6mas nadpu
C31L4yo-01Cmyo.., TPOBB ¢ GyReT comepmaThes B MHTOpBAN6 0-45 B 0-46,
8 ON6NOBATENHHO, MeXNy ¢ B b. BoasMeM Temepp ¢, OTIAIHHM
or Tperpelt mMEPPH JMecATAIHOTO WOpAxKa Ymcaa N,, BuImoTau-
9HHM OT TpeTb¥X mEPp ABYX GeCKOHOYHHX NEPHOAATECKAX
apobe#t, samemsomAx B paAny (5)Mecro amena N,. TowgHo Tak®e
BOSBMEM ¢, OTNAYHHM OT 4gerseproi mEdpu wmcaa N, mum
OT 98TBEPTHX mBPp AByx apobed, samemBmommx B paay (5)
gneso N, 7 1. &, Boo6me, mMEPpPYy ¢, BOBEMeM OTIAYHOD OT
n-olt magpu ancaa N, » nax oT s-HX HEPD ABYX GecKOHEIHNX
necarmyEwY npobedl, samemamomax qmero N, B pany (5).
Eenm sateM nOXYEEEM BHOOpP HEAPP ¢,.¢,,... KAKOMY-IB60 ompe-
JNieleHEOMY JONONHHTEJILHOMY HOpPABHIY, KOTOpOe NO3BOAANO 6H
BHGUpATh EAXRAYD Du(Py 0XBEM TOILKO CII0CO60M, TO JIIA THEIA ¢
IONYYHM ONpefleeRHYK OeCKOHEIHYID ACCATHIHYH Apo6b, co-
NePERAMYIOCA MOXENY NUPEHeJaMH 4 W b M He BXOJAMYD B €O-
erap kommiorca C. JleflerBmTensHO, AOHYCKAs NPOTHABHOE, MEH
Hamau OH, 9TO ¢ S3AHHMAET ONPENENEHHOE #-08 MECTO B PpARy
(5), 9TO HEBO3MOXHO, TAX Kak (n-}-2)-off xecaTHIEHPE 8HAK
9geNia ¢ OTIMYAOTCA OT COOTBOTCTBYIOmero (z -+ 2)-oro 3HaKa
gacna N, mnm or (n-42)-ux nadp XByX G6eCKOHEIHHX NReCHA-
TRYREX Apo6e#t, papemx N,.

Tarux 9dcexn, K&Kk ¢, MOXKHO COCTABATE CKONEKO YIOAHO,
BapEHPYS NONONHHTENLHOE NpaBado BHOGopa mEdP c,, ..., ITO
H TpeGoBANOCH NOKABATH.

Kax memoepencrreHROe cienCcTRHe M3 NPHBEJEHHNX ABYX
Teopem Cantor’s BHTEKaeT

Tpethn Teopema Cantor’a. Cywecmoyem neospanuuensoe wucao
GEUULCTRBEHHNX MPANCYLHOEHMHBX YUCEA, COOLPICAUNXCA MeHc DY O8YMA
OGUHNMU BCUECMBEHNbINY Nnpedesdhu a B b >a.

H6o, mo nepso# teopeme Cantor'a, KOMIAEKC BemEeCTREH-
EHX anre6paMdecRUX 4Hces ecTh meydmermMui roMmnexe C, a
IO BTOPOH TEOpEMe MOXKHO HANKCATH CKONLKO YFONHO Beme-
CTBOHHHX YACON, HO CORCPRAMUICT B BTOM KOMIJEKCO M BaKiIiD-
vaomaxcs MeXIy NpedeaaM® 4 A b,
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Hpeacrapnsem Bam namu Jyymne KRUTH:

Tumumapw 3. Beeaevme s Teopno msTerpanos Oypre.

Kypanm P. TeoMeTpnteckan Teopna (pymxnmii KOMILIENCHOH DepemMennoi.
Bexxenbax 9., Beraman P. Hepasencraa. URSS
Oxcmobu Joc. Mepa u xareropus.

Bop I'. TloT™ RepHOINHIECKNE (PYRKUMH.

Teaboym B., Onmemed Jxc. KonTpupyMepn B anamwie.

Thusenxo B. H, Unrerpan CTirmeca.

Tenvghord A. O. BureTnl B RX PUIOKEHN.

Tenvgpond A. O. Micuncienne KoHeunnX paInocTeit.

Anvceoavy JI. 5. KaecTaesnue METO B MATEMATHIOCKOM JHATHIE.

Dunuxos C. IT. HpoexTunno-suphepermmaTinin TeoMeTpIA.

Gunuxoe C. 1. Kype zaddepeHmnaimnon reoMeTpun.

Dunuxoe C. Il. AHATHTHYECKAN reoMeTpHs.

Biowzenc C.C. Nndpepenmuansnan reOMeTpus.

Moansx 3. I., Hluxun E. B. [nddepennaonas reoMeTpus: NepEoe IHAKOMCTBO.
Pawescxuit 1T K. Kype mupdrepenumanrsinoft reoMerpan.

Pawescxuis 11. K. TeoMerpimeckas Teopus YpasHensi ¢ S2CTHLMHA TPOH3BOIHLIMA.
Paweecrui; 1. K. Prmanosa reoMeTpRsi B ‘mﬂopnuﬁ AHATH3.

Paweecxuii I1. K. Teopun cnunopos.

FBeavico H. B. Cnoensie rpynuonama Jin B mevos Bpecum o anihdepeHIRAIMAOH reOMETPUEN,
Cmpotix [J. 4. Oaepx ncropun mudppepermmannois reometpun (a0 XX croserns).
Dedenxo A. C. TIpocTpancT®a ¢ CHMMETPRAME.

Cuupnos 10. M. Kypc anamiTHaeckol reoMeTpr.

Hap6y I'. IIpHHuMIb AHATHTHISCKON NeOMETPHH.

Kaeiin ©. HeeBxamaosa reoMeTpHs.

Kaeiin @, Brstiman reomeTpna.

Koeiin . Jlexuum 00 HKocadApe M pelleHNA ypapHeHMil NATO#R cTenenn.
Cmunpod H. Tonosoms koChX upoH3BeaetHii.

Xaycdopgp ®. Teopna MHOXKECTB.

Anexcandpos I1. C. Beegeusie B TeopHIO MHOXECTE H 0GIYI0 TONOJIOTHIO.
Anexcondpoa 1. C. UT0 Taxoe NeIBKTAAORS TEOMETPHA.

Dpenseas A. A., Bup-Xursen H. OcHOBAHNA TEOPHH MHOKECTS,

Honmpseun JI. C. OCHORM XOMOMHATOPHON TONO/IOMH.

Honmpseun JI. C. Thaaxkue MHONGo0pa3HS # HX DPHMEHEHHS B TEOPUB FOMOTONMA.
Henom A. M. O xoMOHHATOPHON reoMeTpRA.

A2nom H. M. Kommnexcrbie 9nchn B MM MPUMENEHRE B TeOMETPHH.

SHzenom H. M. TIpanuun OTHOCATEIRHOCTH [Rinuies n HECBKIHAORA TEOMETPHSA.
Pam X. de. Mndidepenumpyembie Mnoroodpazns.

Kapman A. \nddepesmmansnoe ucancienie. Tnddeperumamnine dopmu.

Xy Cw-1[3an. Teopusi rOMOTOIMIA.

Cmunpod H. Tononoran xoChix HPORREASHRA.

Tabpuenys 11., Hucman M. KaTeropmy 9acTHhiX ¥ TEOPHA TOMOTOMMN.

Topuxosa JI. C., Hanvucenckuii B. U., Mapuna E. B. TIpoexTosHanA reOMeTpHS.
Ulnone 3. 9. Cemb aexuuil 60 BHIHCIATEALHON MATEMATHKE.
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IIpencrasisieM BaM HAmA Jyuinve KHATH:

! JinpdepeHNARLIbIe ¥ MHTETPANbHLIE YPARHEKRA

Purunnos A.D. Baeaeune r TeopHio THPPEpeHUHATLALX YPABHEHNKI.
Quaunnos A. D. CoopHEK 325a% 00 THPPEPEHINATLHLIM FPABHEHHRAM. URSS
Savceassy J1. 5. Indupepeniannnnie ypasHenua.

Cmenanog B. B. Kype aadrpepenimanstinty Ypasuenmil.

Hemowynuit B. B., Cmenanos B. B. Kasecratnnan teopus mudripepeHUMAILENX YDARHEHMH.
Pedoprox M. 8. Obbixrosennbie mdeperMuaibnbe ypusnenns.

Kpacros M.JI. Wwrerpamdble ypasuennus. Beegemie » reopHio.

Kooounemon 3. A., Jesuncon H. Teopsa ofnxnoresbIx Anpdepennmamsunx ypapaeHER.
Cuxopesui 10. C. Obnxuoseunnie npgdepeanuanmybie ypasHeHRs,

Touxomu . Jxc. [inddepermmatoibie ypasuesns.

Tpuxomu . [xc. Jlexnmm no yparHeHHsM B YACTHHX TPOA3BOTHLIX.

Duaunc I. Tudpepenunamanie ypasaennn.

Amenvicysy B, B. AwtoHomHMe R JHBCHABIE MHOTOMEPERE MH(DEpeHIUANLHEE YDABREHHN.
Auenvkun B. B. Kimpdepenunanpanie ypasreNrs B OPHIOKEHARX,

Benaman P. Teoprd YCTORMBOCTH pemenHil madipepeHumnaIbMbX ypaBHEHRH.

Jeguey C. Teomerpuieckan Teoprs r@pepeRHATLHMX YPABHEHMS.

Kysamuna P. [1. AcARMUTOTEIECKAC METOIM L1 O0MKROBCHHBIX (. YPABHENHN.
fempogeruis H. I. JIeKuuu 00 TeOPHH MHTETPATLHRY YpaRHeHMH, o
Josumm Y. B. Jlanelifbie HHTETpaIbHLIE YPASHEHHS. -

Jlanday 3. Beenenre B apdibeperuyancnoe B HATEIPAIHOE BCUHCICABE,
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Measnuxoa O. H. OGyuenne TRCKpeTHO# MATEMATHKE.

Poduonoe B. B. MeToan aeTupexnseTHofl PACKPACKM SEPUIME IIOCKRX 1padon,
Cepnsa «3HAKOMCTBO C BLICIICH MAaTeMaTHKOMN»

Honmpazun /1. C. Merton koopranar,

Howmpazun JI. C. ARaH3 GecKoneaHo MaIbX.

Donmpazun JI. C. Anrebpa.

Howmpazun J1. C. \ndubepennnaabibie ypABHEMHS H HX DPRIOXKEHHHA,
Cepus «Knaccudeckuit yHUBEPCHTETCKI yIeGHHK> £

Koamnzopoe A. H., Jpaeasun A. I. Marematuueckan noruxa. Eifi'
Thedenxo b. B. Kypc Teopu neposmiocTeR,

Hemposcxuir H. I. Jlexim 0o Teopus oOEIXKHOBERHBIX JshPepeHITHATLAMY yP2BHeHHH. [—]
Kononosus 3. B., Mopos B. H. O0mii Xypc ACTPOHOMMH. =
Huixarnoe b.C., Kanumonos H. M., [Odun H.I1. YacTHus W aTOMHbE Spa. H%J
I(sac;jmlwﬁ H. A. TepmomuHAMHKA ¥ CTATUCTHYECKAA u3mka. B 4 1. 'ﬂ
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IIpeacranisemM Bam HAMKM JyyimHe KHHUTH:

Aumebipa

YeBomapea H. T. Teopna Muaya.
Yepomapes H. I. Ocnorst reopny Danya. B 2 wu. URSS
Illegarse K. Beenenne ® Teopwio anredpawseckux GyHxusit.

B3p P Jlunedaan awebpa u 1poeKTHENAS FEOMETPRS,

Huxugopoe B. A., lxooa B. B. JInnelnan 41refpa W AHATHTHYECKAN TEOMETPHA. [
Henom H. M. HeobnwnoBennan axredpa.

Yoxep P. ArreGpawdeckie kpHBaie. i
Siizernxcapm JI. I1. Henpepuisanie rpymmh mpeoGpazonanmil. :
Ppobenuyc D. I'. Teopus XAPAKTEPOR H MPeACTABTCHMS TPyID.

Beilns I' Knaccuueckue rpymin. Fx wnBzpmanTs W mpeacrasietms. |

Cepiist «@UIMKO-MATEMATHIECKOE HACTCANE: MaTeMaTHKa (are6pa)»

Yebomapes H. I. Buenenue B Teopmo amrebp.

Yebomapes H. I. Teopna anredpanaecxux dyHkumi.

Yebomapeg H. I. Teopua rpym Jin.

Mapxye M., Munx X. O630op 00 TeOpHH MATPUR W MATPHIHBIX HEDABEHCTB.
Boxep M. Beeaeune B suicIyo anrefpy.

Teopust BepOSITHOCTEN

Thedenko b. B., Xuriaun A. 1. DaeMeHTAPHOE BRENEHME B TCOPHID BePOATHOCTER.
[hederxo B. B. Ouepk w0 HCTOPHH TEOPHA BEPOSTHOCTER.

Thedenxo E. B., Kosarenxo H. H. Beelesine B TEOPHIO MACCOBOTO OGCAYKHBAHNA,
Xupuun A. . ACAMIITOTHIRCKHE 3AK0HN TEOPHE BEPOATHOCTEH.

Xunaun A. 1. MaTemaTwmeckne OCHOBARHAN KEAHTOBOH CTATHCTHRH.

Xunuun A. 5. PaGoThl M0 MATEMATHYECKOH TEOPHH MACCOBOTO O0CAYMHBAHEN.
bopoaxaoa A. A. Teopns BepoATHOCTEH,

Boposxos A. A. IpromrinecTs U YCTOMMMBOCTL CTy9aHHBIX DPONECCOR.

Iumvee JO. IT. Bo3MOXROCTh. DNEMERTHI TEOPNH H DPHMEHERNN.

Koy M. BepoRTHOCT: R CMeXNHHIE BONPOCH! B (hH3uKe.

Henom A. M., Henom H. M. BepoarHocTs h mEdopMausn.

HIcTopHst MaTeMa UKW

bBypbaxu H. O9epxR DO HCTOPHH MATEMATHEM.

Ban dep Bapoen 5,J1. [IpoGysnaiomanca nayxka: Maremamuka JipeeRero Mapa.
Jenman H. 5. YVicropusa apudmerurn,

Henman H. 5. Pacckasu 0 cTapoii M HOBOH asrefpe.

Anexcandposa H. B. ICTOpHA MATEMATAYECKHX TEPMHHOB, HOuNTHH, 0003HAYCHHIA.
Tnedenro E. B. Ouepxku no WCTOPUH MaTematvku B Pocewn,

I'yedenio b. B. O9epK 10 HCTOpHE TEOPHH BEPONTHOCTEH,

; Senom H. M. Tepmau Beis.

éE Tlossgxosa T. C. Jleonapn Diiaep  Matematuieckoe 00paioeanne 8 PoccHn.
Muoiuxuc A. /1. Coserckne maTeMaTHKH: Mou BoCnoMuHaNus.

Kuzueouwcanse Jirea Cemenorwqa ToNTPATHHS, MATEMATAKA, COCTABIEHHOE HM CAMMM.
Koamoeopos A. H. MaTemMaThxa 8 ee HCTOPHIECKOM PR3BHTHM,
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[Ipeacrannsem Bam natuu Jy9imse KHHIH:

Y4eOHHKN ¥ 3aMaUHUKW 110 MATCMATHKE

Kpacnos M.JI. u dp. Bes Bucmian Maremaruka. T. 1-7.
Kpacnoe M. JI., Kucenee A. H., Maxapenxo I. H. Coopumxn 3aaae «Bes aucmas URSS
MATeMaTHKA» C NOAPOOHIEMH pemeHusmy.

boapuyk A. K. u 0p. Cupasodnoe nocoue no Bucmeil MaTeMaTREE (Armunemaaoss). T. 1-S.
Taxmapog H. . CupaBoTHRK HO BLICIIEH MATEMATHKE [I CTYACHTOB 8Y308.

Boce B. Jiexunm no maremamnxe. T. 1: Anams; T. 2: Tudrpepenumamnnie ypassenns;
T. 3: Jlumeiinan anre6pa; T. 4: Beposmiocts, nEGopMawin, CTATHCTUKA,

T. 5: Oynxumonambusil anasny; T.6: Or Anodauta no Tewopuira; T.7: Ommuzanna;
T. 8: Teopun rpynn; T.9: TOKIL; T. 10. (MepeGop n adupexympinie amwopammnl;
T. 11. Yparnenns matemaraveckoit dusukn; T. 12. KonTpnpumepst u papanoxcul.
Anexcees B. M. (pen.) VI3bpaHhmie 380291 Ho MaTeMaTHKe B3 Xypuaia “AMM”.
Apaazapoe B. B. u dp. COOpHHK 32139 10 MATEMATHKE LIS PHINKO-MIATEMATHIECKHX (KON
Meodgedes I H. 3anaum scrymamensisx 3K3aMeHoB N0 MaTeMaTHke fa pradaxe MI'Y.
Asexcandpos H. H. CGOPHHK reoMeTPHISCKRX 33129 M2 BOCTPOCHNE (C pemennamu).
Joaromapeackazs /1. H. Teopas BeposTnocTel. 3aJa M ¢ peuIeHHANY,

3onromapescxan J. H. Coopuyk 337129 00 amneinoi anrebpe.

Anmoneeut A, B. u dp. 3apaue i yupaxscuus no GYHRIHOHATLHOMY aBATH3Y.
Cypdun B. I. AcTpoHOMHYECKHE 3AJIATH C PeLEHHSIMH.

Huxonaes O.C. ®uiuxa # acTponomus: Kype npakmsecknx paGor ana cpennel mxosnt.
Jamoa I., Cmepr M 3anmmaTtensunie 231890,

Hzaom A. M., H2nom H. M. HeaneMeNTapHbIe 33JATH B JIEMEATAPHOM HUIOKEHNA.
Cynpyn B. [1. Matemamaka and crapmexnaccnwkor. Kh. 1, 2. -

Cepust «[IcHxo10THs, TIEJANOTHKA, TCXHOIOTHA ODYy4YeHMs:, MATEMATHKA»

Jnedenxo B. B. MaTemMaTHKa w XHH3HD.
Tnedenxo B. B., Thedenko 1. 5. O6 oOyaen MATEMATHKE B YEMBEPCHTETAX W NIEARY3AX.
Xunaun A. A, Tleaarorvdeckwe CTaThy.
Xunvyun A. 5. OCHOBHBIC NOHATRS MATEMATHKH H MATCMATHYCCKRE ODPEICICHHS B MKOHE.
Maawzuna O. A. N3yuenRe MATEMATHIECKONO AHAIH3A YA OCHOBE CHCTEMHONO OAXOMA.
Manwzuna O. A. O6ytenne BLCIICH MITEMATHEE HR OCHOBE CHCTCMHOTO IOIXOJIA. Hod
Muxeee B. H. Mone wpoBasse B METOAM TEOPHM HIMEPEHUIA B NE2TOMKeE,
@puoman JI. M. "IT0 TaKoe MaTeMaTHKA.

Ppuoman JI. M. Bewramnn 1 micra. [onynaprme ovepxu.

Dpudman JI. M. TeopeTHIeCKhe OCHORL METORMKYH 00yuelns MaTeMaTuke,

Tea./anc:
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Yeaxaemsbic yuraTean! Ysaxkaembie aBTopbi!

Hartle M3gaTerbCTBO CTCIMAMM3HPYETC! HA BHIYCKE HAyJHON W yaeGHON
JIMTEPATYPHI, B TOM YHCIe MOHOrpadmii, XYPHANOB, YPYXOB yueHEX Poccuit-
CKOH akajieMyM HayK, HaYIHO-MCCHENOBATENLCKMX HHCTHTYTOB M Y4eOHBIX
3asefenuii. Mbl apeniaraeM aRTOPaM CBOM YCIYTH HA BHITOAHAIX IKOHOMM-
Jeckyx yerosusax. [Ipu aTom Mt GepeM Ha cebda BCIO paGoTy 1o TIOATOTOBKE
M3INAHMA —~ OT Habopa, PEUAKTHPOBAHUA M BEPCTKH 10 TUPAXWDOBAHUA
¥ PACTIPOCTPAHCHHA.

URSS

Cpefu BRILICAIIMX M NOTOBAUIMXCA K MINAHWIO KHUT MEl npeiaraeM Bam crnexylonnue:

Beiias A. Ocrosw TeopHH meen.

Betiap I. AnveGpavwaecKas TeOpus THCeT.

Xunuun A. A. TpR EeMuyKUHN TSOPHH TUCEI.

Xunyun A. . Ulenmmue apoGu.

Pademaxep I'., Tensuy O. Uncna W urypu: OfbTH MaTEMETHIECKOTO MBLIILTEHMS,
TTonmpszun JI. C. ObobmenHs aueen.

Teanpond A. O. TpancnenaeHTHEE R ANrefpandecKue IHCIa.

Kapauyb6a A. A. OcHOBN AHANATHMECKOH TEOPHY “MCEN.

Bunozpadoe M. M. OcofLie rappanTLt METONA TPHIOHOMETPHIECKHX CYMM.
XKyxoa A. B. Beanecylliee IHCI0 «IH»,

Xyxos A. B, u gp. DNeranTHAY MATEMATHKA. 3AATH W PETIEHBA.

Oxcuzosa E. IT. Pazsurue Teopun amcen 8 Poccun.

Oxcuzosa E. IT. YFro Taxoe Teopus 4ncel.

Ope Q. Tlpurnauienme B TEOPHIO THCET,

flappenos U, H. 1lemnwe Jpodu — oxepeise MEXATPORHKH.

Xapou I'. I Xypc yHcTOf MATEMATHKM,

Xapou I'. I'. PacxonAmimecs prun.

Xapou I. I'., Pozoaunckuii B. B. Paam @ypre.

Xapou I' I, Jlumasyd X, H., Toaua I. Hepanencrsa.

Tlonua I., Ceze I. U30onepuMeTpHIeCKHE HEPABCHCTRS B MATEMATHIECKOH Bu3nke.
Aangopo H., Higapy Jix. T. Jivueianie onepatopsl. Ofman Teopra.

Hybposun B. A., Hoauxos C. II., Gomenxo A. T. Conpemernan reomerpus, T. 1-3.

Cepun «DUIHKO-MATEMATHMECKOE HACICAWE: MATEMATHKa (TCODHS THCEN)»

haa i p iy

Depma I7. UccnesoBabnn no Teopuy 9ucen o JHOHANTORY AHATHIY.

Huogpanm Anexcandpuiicruti. ADAQMETHRA B KHHIA 0 MHOTOYTOJILHBIX UHCAAX,

Hupuxne 1. [.J1. Jlexian no reopyd Iuces.

Bepuan I'. H. Uncao K aayga o vem: O6mesocTyminie 07epky no apapMeTRKe HATYP, IHCen.
Hneam A. 3. PacripeneieHHe OPOCThIX IHCe.

Cepus «DHINKO-MATEMATHYECKOE HACTEHUE: MATEMATHXA (MCTODUA MATEMATHKIM)>

Beamocmur B. K. Kak gocTeneEHO ROILAH /NOA 10 HACTORMERN ApHpMeTHKN,
Hlepememeecxuii B. I1. Ouepkn DO MCTOPHH MATEMATHXH.
Xumyun A. S, Beanxan Teopema @epma.

Tlo mcem sonmpocaM Bu Moxere oOpaTATSCA K HAM:
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06 asTope Puxapa HOnuyc Bunerensm OEOAEKUHA

(1831-1916)

W3secTHBIA HEMEUKHI MaTeMaTUK, Yned BepnuHCKOW aKafgemun
HayK. Popunca 8 Bpaynwsednre. Yuunca B TETTHHIEHCKOM YHH-
sepcurete, 6bin yyenukom K. Taycca m M. fupuxne. B 1858 r.
Hayan npenopasars B TexHWueckom yHuBepcutere B Lllopuxe.
B 1859 r. BMecTe C YHUBEPCHTETCKUM APYTOM, BLIRAIOWMMCH Ma~
Temarnkom b. Pumarom, cosepumn noeaaky 8 bepnun, rae serpe-
4anca ¢ K. Beiepwrpaccom, 3. KymMepom u aApyriumMu BUAHLIMK
maremarukamu Gepnunckon wwonel. C 1862 r. — npodeccop
Bbicwedn TexHM4eckon wKonel 8 BpayHweedre.

L’I»

Ocvosubie paGotnt P, lefekMHAa OTHOCATCA K Teopuu anrebpan-
Yeckux yMcen, Pesynbrarsl, NOAYYEHHbIE UM B 3T0A 06NACTH, OH
cobpan e cneuynansHbiit « DAMHHAALATEIN® TOM AONOAHEHUH K TPYAAaM Jupuxne. OH ofHUM
M3 NepBbiX faN TEOPETUKO-MHOMECTBeHHOe 060CHOBAHKME TEOPUW AEHCTBUTEIBHBIX YHCEN,
chopmynuposan cucremy aKcuom apumeruru (06b14H0 HalbiBaemyio aKcuomamm MNeako),
BBEN B MATeMaTHKY B caMoM obLyeM BHAE TEOPETHKO-MHOMECTBEHHOE NOHATHE oToBpame-
HUA. EMY NPUHAANEMWT PAA WAEH B TROPHM YMCEN, B KOTOPYIO OH BBEA MHOTO HOBBIX NOHA-
THH, TAKNX, HANPUMEP, KAK KONLLO, MAEAN, TPYNNA, NEMALUX B OCHOBE COBPEMEHHON anre-
6pbi. Kpome Toro, P. leaekunp 6bin pefaKTOPOM NOCMEPTHBIX M3AAHWH M3BpaHHbIX TPYAOB
Aupuxne, faycca u Pumana.

Hawe nagarenscrso npegnaraer cnepyowme KHUrm:
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Tlo6bie 0TILEE 0 HACTORWEM HIAAHKK, 3 TaKKe 06 20605142
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